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Abstract
Performance tuning is an important aspect of parallel program-
ming. After all, why go parallel, if not for higher performance? Yet
existing tools leave much to be desired because they don’t make
the cause of performance loss evident. Only once the cause has
been determined can a solution be formulated.

We describe an approach that relies upon a new model of paral-
lel computation to link performance loss to its cause, whether that
be in the hardware, runtime, or application code. The visualizations
produced clearly identify idle cores, and tie the idleness to causal
interactions within the runtime and hardware, and from there to the
parallelism constructs that constrained the runtime and hardware
behavior.

This is implemented for multi-core hardware, and we walk
through a tuning session on a large multi-core machine to illustrate
how performance loss is identified and how hypotheses for the
cause are generated. We also give a concise description of the
implementation and the computation model.

1. Introduction and Motivation
Performance visualizations and tuning tools for parallel programs
are critical to achieving good performance, and yet current solu-
tions leave something to be desired. All too often, performance
tuning consists of staring at abstract views of usage or statistics,
trying to guess the cause of performance loss. Despite many dif-
ferent views of performance measurements, such as frequency by
line of code, message sends and receives, and core usage timelines,
the user doesn’t know why a function runs in a particular spot on
a particular core, nor whether that is desired behavior or erroneous
behavior.

Examining these myriad views can feel like being advised by
the fabled six blind men examining an elephant by touching the
part nearest to each??: one, reaching the side, says it is much like
a wall; the second, feeling the tusk, compares it to a spear; the
next, feeling the trunk, is reminded of a snake, and so on. All of
these views are indeed correct and supply important information,
but they don’t connect to each other, to provide a view of how the
parts interact to form a whole.

Current tools may cover all the parts of the application code,
but fail to adequately connect their observations to the runtime
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behavior, scheduling decisions, and consequent hardware behavior.
The decision about which task or virtual processor is assigned
to which core at what point in time is at the heart of parallel
performance, so these choices need to be highlighted and connected
to the application features influencing them.

In this paper we describe a model and framework that provides
a more complete picture. It captures the relevant application fea-
tures (units of work and the constraints governing their execution),
exposes the scheduling decisions taken in accordance with the ap-
plication and other constraints, and provides a structure to which
to attach the measurements captured during execution. The model
relates the measurements to each other and to the application.

Using the model, we generate views that show the schedulable
units in the code, runtime overhead assigned to each, the scheduling
decisions made for them by the runtime, and consequent usage of
the cores. Identifying idle cores is immediate, and the connections
indicated by visual features enable more quickly generating the
correct hypotheses for the causes of the performance losses. The
visual features connect each unit to the segment of code executed,
and to the constraint in the code that combined with the runtime to
cause its placement in time and location. The pattern of placements,
combined with contents of the code, leads to the hypothesis.

In this paper, we describe our model of computation, and illus-
trate its usage with a story line of performance tuning a standard
parallel application on a large multi-core system.

We start with a refresher on performance tuning and an overview
of previous approaches in section 2. We show usage of our visu-
alizations through a case study in section 3, and then expand on
the model behind it in section 4. Section 5 will tie the model to
implementation details. Finally, we will conclude in section 6.

2. Background and Related Work
A quick review of the process of performance tuning will provide
much needed context for the discussion of other tools.

Performance tuning is an iterative process that involves a men-
tal model. The programmer takes measurements during execution
that are then compared to the desired outcome. A mental model,
constructed through experience and knowledge of the mechanics of
execution, is used to generate a hypothesis explaining any discrep-
ancies between the measurement and expectations. This hypothesis
is then linked, again through a mental model, to things within the
programmer’s control, to suggest a change to make to the code.
The modified code is run again, and these steps are repeated until
the programmer is satisfied with the performance of the program.
Thus, the mental model is central to performance tuning.

The rest of the paper will support the position that the quanti-
ties best to measure when performance tuning are scheduling de-
cisions and the consequent usage of communication hardware and
cores. Hence, the mental model should have, as concepts, units of
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scheduled work, and scheduling decisions made on them, then re-
late those to consequent hardware behavior. The model should also
relate all of those to application code, such as code boundaries that
identify units, and constraints (dependencies) the application places
on scheduling decisions. This model is how the individual views
become integrated into a view of the whole.

With this in mind, we evaluate how well five categories of
previous models used for performance tuning fit with our position,
and the consequences of gaps in the fit. The first four approaches
are found, sometimes in combinations, in most classic performance
evaluation tools, while the fifth is starting to emerge, enabled by the
growing adoption of task-based programming languages in recent
years.

The commonality among the four classic approaches is models
that are either hardware centric or closely related to the sequential
execution model. As will be seen, the difficulty in using these ap-
proaches stems from their models, which are missing key concepts
of parallel execution.

These early tools were created according to the same models
that pervaded parallel application development at the time. Such
models hampered the tools because they caused application code
to, effectively, implement portions of the runtime as part of the
application code, which hid critical information about units and
constraints from the tool. Both MPI and threads cause the units
of work to be implied by the code, which makes them difficult for
tools to recognize. Likewise, constraints on scheduling are enforced
by the code, but never stated in any explicit form, and so are
unavailable to the tools to use to connect code features to runtime
behaviors.

2.1 Thread-model based Approaches
Most of the early, more established, tools come from the threads
world, and conceive of the application as a collection of virtual pro-
cessors (threads) that perform actions, but don’t include the concept
of application-defined tasks nor constraints on them. This makes
the tools unable to directly connect statistics they gather to schedul-
ing choices and application features. That lack of connection forces
the user to guess at what aspect of the code is responsible for ob-
served performance.

Tau [] represents the thread-centric approach well. It integrates
many data sources, and has rich displays. However it models cores
and memories, and thread contexts, with actions taken on or by
each. Because it had no well defined concept of unit of work,
constraints on them, and scheduling choices, it was unable to help
the user form hypotheses for the parallelism-specific causes of poor
performance.

2.2 Event-centric approach
A second classic approach models parallel computation as a col-
lection of events. Paradyn[] represents this category well. Its model
of computation is based on both the timing of events and counts of
events.

It has a system for user-supplied instrumentation to collect event
information and it has a hypothesis mechanism that protects the
user from having to write custom code to test their hypotheses.
However, the hypotheses are in terms of the timing and counts of
events, not the parallel computation relevant information of units
of scheduled work and the scheduling decisions made on those. As
such, it helps to test hypothesis but not to generate them.

2.3 Message-centric approach
Paragraph also follows an event-based model, but represents the
large collection of simpler tools that instrument the MPI or other
message-passing library. It shows whether cores are busy, and in-
dicates communication overhead and flight time, but lacks an un-

derlying parallel computation model. Without such a model, it is
difficult to tie the communication pattern realized to application
code features, which are what is under programmer control. Hence
such message-based approaches also provide no help in forming
hypotheses of which code features are responsible for observed per-
formance.

2.4 Performance-counter approaches
Performance-counter approaches, such as VTune, POPI, and so on
make up the fourth category. They concentrate on identifying hot-
spots and potential false-sharing, using the hardware itself as the
execution model. Thus, they have no concept of unit nor scheduling
event nor even runtime. As such,they do a good job of saying that
something might be wrong, but don’t help in pointing to what
is causing the problem, and hence leave the user with no help
determining what to change in their code to get better performance,
with the exception of changing data structures to fix false sharing.

2.5 Newer approaches
Recent parallel languages have begun exposing units and con-
straints on them, for example CnC[] and StarSs[]. This provides
the tools with the chance to link measurements to a model of par-
allel computation, such as the one we propose. The user can then
link such measurements to the units defined in their code, and form
hypothesis about what to change to improve performance.

As an example, the performance tuning tool[] that comes with
StarSs provides a view of the code-defined units to the user. For a
specific machine, it tells the user whether it thinks the task size is
too small, just right, or too big. Too small has too much runtime
overhead, while too big has too few tasks to keep the cores busy.
This view simplifies things for the user by providing the hypothesis
of what’s causing poor performance and directly linking it to codde.

This is a step in the right direction, but it gives the program-
mer only limited information. Subtle and complex interactions be-
tween code, runtime, and hardware are often to blame for perfor-
mance loss, and the limited information supplied here doesn’t help
with such complexities. Also, the tool is language specific, and so
doesn’t apply to applications in other languages.

3. Illustrative Story of Performance Tuning
In this section, we illustrate the benefits of connecting measure-
ments to an effective computation model by walking through a typ-
ical performance tuning session. It shows the features of our ap-
proach in action, and indicates how having those features provide
an advantage to the user over methods that lack them.

We first describe the program and language used, and then
the features of our visualization. After this preparation, we show
a sequence of the visualizations. In each, we point out how the
performance loss is identified, and which visual features suggest
the hypothesis for the cause of the loss. We show how this directs
the user to the specific sections of code that need to be changed,
and how the model helps suggest what changes to try.

3.1 The Application, and Target Hardware
In our session, we wish to tune a standard program that the reader
knows well. The best example is likely matrix multiply, with which
the reader should be familiar, allowing concentration on the tool
without distraction about the application.

We run it on a machine with 4 sockets by 10 cores each, for a
total of 40 physical cores. They are Intel WestmereEx cores running
at 3.0GHz, with TurboBoost turned off.

The application code uses language features to create virtual
processors (VP). The first VP created divides the work into a
number of pieces and creates a new VP for each piece.

short description of paper 2 2012/7/9



How many pieces is set by a tuning parameter in the code,
and the number of cores. The application uses language features to
distribute the VPs across the cores, in a round-robin fashion (before
tuning).

It then creates a results VP that receives a partial-result from
each piece and accumulates the results. The divider VP then waits
for the results VP to indicate completion, after which the language
runtime shuts down.

3.2 The language
The language used is SSR, which is based on rendez-vous style
send and receive operations made between virtual processors
(VPs). It has commands for creating and destroying VPs, and three
kinds of send-receive paired operations.

The first, send from to specifies both sender and receiver VPs.
It is used by the results VP to tell the divider VP that the work
is complete. The second, send of type to, specifies only a specific
receiver, leaving the sender anonymous, which increases flexibility
while maintaining some control over scope. This is used by the
worker VPs doing the pieces to send their partial-result to the
results processor. The third kind, send of type, only specifies the
type, and so acts as a global communication channel; this is not
used in our application.

The language also includes a singleton construct that designates
a piece of code as to be executed only once, which we use to
rearrange and copy data to get better cache behavior. A given copy
is shared by several virtual processors on different cores, but the
copy is only to be performed once.

Miscellaneous performance constructs are also available, such
as one to force which core a virtual processor is assigned to. We
use this in our example program to control scheduling.

A note on terminology: We often use the term “work-unit”,
which we define precisely, instead of “task”, which has acquired
multiple meanings in the literature. Work-unit is defined as the
trace-segment performed on a core, between two successive schedul-
ing events, plus the set of datums consumed by that trace segment.
The word task often maps well onto this definition, and we use both
words, but mean the precise work-unit definition when we say task.

3.3 The Visualizations
The first visualization is what we refer to as a scheduling conse-
quence graph (SCG), or just consequence graph (CG). It depicts
the scheduling operations performed by the runtime, and the con-
sequent usage of the cores.

The second visualization we call the Unit & Constraint Collec-
tion, or UCC. It depicts constraints on the scheduling decisions that
come from the application. Constraints can be dependencies stated
explicitly in the code, or can be implied by language constructs.
These limit the choices the runtime is allowed to make.

The UCC shows only application-derived information, as op-
posed to the consequence graph, which combines the use of the
UCC-depicted constraints with runtime-imposed dependencies and
hardware-imposed constraints. Hence, the UCC states the degrees
of freedom enabled by the application, while the consequence
graph states how those were made use of, by a particular runtime
on particular hardware.

Fig 1 shows a consequence graph, stylized for purposes of
explanation. It is composed of a number of columns, one for each
core. A column represents time on the core, increasing as one goes
down, measured in clock cycles. It is broken into blocks, each
representing the time accounted to one work-unit. Each block is
further divided into regions, each a different color, which indicates
the kind of activity the core was engaged in during that region’s
time-span.
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Figure 1: Stylized Scheduling Consequence Graph (SCG).

The application code executed within a block is linked to the
block. In our tool, the block is labelled with a unique unitID. This
ID is then linked to the code executed within that unit. In this way,
the code of any block can be looked up, along with the parallelism
constructs that mark the start and end of the block.

The kinds of activities within a block are defined by the com-
putation model that underlies the visualization. The first kind of
activity is the actual work, plus waiting for cache misses. It is rep-
resented by a blue-to-red region where the color indicates intensity
of cache misses, with pure red representing at or above the maxi-
mum misses per instruction, and pure blue the minimum (the max
and min are set in the tool that generates the visualization).

The second kind of activity is runtime overhead, represented by
a gray region. This is the overhead spent on that particular work-
unit. When desired by the user, it is further broken into pieces
representing activities inside the runtime. The options include time
spent on: constraints, when determining readiness of the work-unit;
deciding which ready unit to assign to which hardware; and time
spent switching from virtual processor, to the runtime, and back. In
this paper, we show all runtime overhead lumped together, however
in other circumstances a breakdown can be key to understanding
interaction between runtime and application.

The other type of visual feature seen in Fig 1 is lines. Each rep-
resents a construct that influenced scheduling, where the color in-
dicates which construct. A line represents two things: a constraint,
whose satisfaction made the lower unit ready, and a decision by the
runtime to start the lower unit on that core.

In general, lines may also be drawn that represent other kinds
of interactions, which affect core usage. For example, our runtime
implementation only allows one core at a time to access shared
scheduling state. Visualization of this can be turned on, as addi-
tional lines linking the gray runtime regions of blocks (visualiza-
tion of such interactions is turned off in this paper).

Two work-unit blocks that appear in sequence and have no
lines drawn to them often have a causal dependency between them,
due to the semantics of the base language. Visualization of these
dependencies is also turned off, but can be inferred via the link to
the code.

Note that many different orderings can be validly chosen.
Which scheduler choices are valid is determined by three kinds of
constraints: the application code constraints, hardware constraints,
and runtime implementation imposed constraints.

The visual features allow the user to see at a glance the total
execution time (height), idle cores during the run (empty columns),
cache behavior (color of work regions), degree of overhead (size
of gray regions), and which units constrained which other units
(lines). All consequence graphs in this paper are at the same scale,
so they can be compared directly.
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(41, 260)

(41, 223)

(41, 190)

(41, 104)

(41, 122)

(40, 152)

(41, 302)

(41, 225)

(40, 1)

(143, 3)

(41, 28)

(40, 190)

(41, 304)

(41, 139)

(92, 1)

(41, 328)

(40, 39)

(69, 1)

(93, 4)

(41, 38)

(41, 323)

(40, 196)

(40, 281)

(41, 173)

(40, 77)

(105, 1)

(41, 47)

(40, 234)

(40, 319)

(41, 183)

(40, 83)

(63, 3)

(150, 1)

(40, 240)

(40, 325)

(40, 203)

(134, 3)

(40, 121)

(40, 249)

(41, 192)

(40, 256)

(75, 4)

(41, 228)

(52, 2)

(139, 2)

(163, 1)

(40, 159)

(53, 3)

(41, 234)

(40, 8)

(64, 5)

(88, 2)

(41, 5)

(128, 3)

(47, 1)

(40, 165)

(41, 313)

(41, 140)

(42, 2)

(129, 2)

(40, 46)

(156, 1)

(142, 2)

(40, 222)

(46, 4)

(70, 1)

(94, 2)

(41, 150)

(40, 52)

(71, 4)

(41, 49)

(106, 1)

(40, 209)

(40, 294)

(59, 2)

(83, 1)

(40, 90)

(60, 5)

(128, 1)

(111, 2)

(41, 66)

(122, 3)

(48, 3)(40, 96)

(41, 201)

(49, 2)

(40, 253)

(100, 3)

(40, 134)

(41, 280)

(41, 211)

(101, 2)

(41, 184)

(40, 15)

(54, 3)

(141, 1)

(41, 14)

(154, 1)

(40, 172)

(41, 290)

(41, 157)

(40, 21)

(41, 16)

(40, 178)

(94, 5)

(118, 6)

(40, 59)

(40, 267)

(41, 58)

(135, 3)

(40, 216)

(40, 301)

(41, 161)

(149, 4)

(41, 77)

(40, 65)

(41, 341)

(41, 127)

(84, 1)

(61, 1)

(40, 307)

(41, 75)

(40, 103)

(96, 4)

(120, 1)

(41, 345)

(97, 1)

(149, 2)

(70, 3)

(161, 3)

(40, 141)

(40, 247)

(41, 212)

(157, 1)

(147, 4)
(70, 4)

(41, 119)

(55, 3)

(40, 147)

(166, 2)

(41, 254)

(40, 28)

(143, 4)

(67, 4)

(41, 25)

(40, 185)

(44, 2)

(131, 2)

(92, 4)

(40, 34)

(45, 3)

(69, 6)

(41, 35)

(56, 5)

(80, 2)

(40, 223)

(40, 276)

(41, 170)

(40, 72)

(41, 350)

(154, 2)

(40, 229)

(40, 314)

(41, 76)

(149, 3)

(40, 110)

(62, 1)

(86, 2)

(90, 1)

(158, 1)

(63, 4)

(121, 5) (114, 2)

(41, 86)

(98, 1)

(40, 116)

(41, 266)

(41, 221)

(51, 2)

(75, 1)

(162, 3)

(52, 5)

(41, 120)

(40, 154)

(103, 2)

(127, 1)

(41, 186)

(40, 3)

(41, 100)

(41, 2)

(154, 3)

(40, 160)

(41, 310)

(41, 137)

(92, 3)

(40, 41)

(93, 2)

(117, 5)

(41, 36)

(46, 3)

(40, 198)

(40, 283)

(41, 147)

(40, 79)

(40, 261)

(41, 128)

(40, 265)

(145, 6)
(148, 3)

(40, 236)

(40, 289)

(129, 1)

(146, 5)

(109, 3)

(40, 85)

(40, 242)

(41, 95)

(41, 321)

(40, 123)

(41, 198)

(75, 6)

(50, 6)

(76, 1)

(95, 2)

(41, 301)

(40, 129)

(53, 1)

(41, 232)

(157, 3)

(40, 10)

(112, 1)

(41, 181)

(41, 11)

(65, 6)

(89, 1)
(40, 167)

(41, 319)

(41, 242)

(66, 5)

(40, 16)

(41, 45)

(40, 48)

(40, 205)

(40, 258)

(41, 148)

(151, 3)

(41, 99)

(40, 54)

(134, 1)

(95, 5)

(41, 55)

(40, 211)

(40, 296)

(59, 4)

(83, 3)

(40, 92)

(41, 338)

(147, 1)

(41, 89)

(155, 1)

(61, 6)

(41, 64)

(48, 5)

(40, 98)

(41, 207)

(90, 3)

(41, 273)

(73, 3)

(41, 106)

(124, 2)

(40, 136)

(41, 286)

(41, 209)

(164, 3)

(125, 3)

(54, 1)

(78, 2)

(165, 2)

(41, 12)

(55, 4)

(40, 174)

(41, 288)

(41, 251)

(41, 294)

(40, 23)

(92, 2)

(41, 102)

(43, 2)

(67, 1)

(41, 22)

(40, 180)

(44, 5)

(118, 4)

(40, 61)

(45, 8)

(119, 1)

(41, 56)

(40, 218)

(40, 303)

(41, 167)

(40, 67)

(41, 347)

(40, 263)

(84, 3)

(140, 2)

(148, 1)

(40, 252)

(40, 224)

(85, 2)

(41, 73)

(40, 105)

(96, 6)

(120, 3)

(41, 342)

(133, 1)

(121, 2)

(41, 83)

(74, 3)

(161, 1)

(40, 143)

(41, 263)

(41, 218)

(79, 2)

(41, 327)

(126, 3)

(133, 2)

(41, 303)

(40, 149)

(41, 297)

(41, 252)

(40, 30)

(143, 6)

(164, 2)

(67, 6)

(41, 31)

(40, 187)

(41, 307)

(68, 1)

(155, 3)

(40, 36)

(41, 332)

(45, 1)

(69, 4)

(41, 33)

(144, 6)

(40, 193)

(40, 278)

(41, 168)

(151, 1)

(57, 6)

(81, 1)

(41, 348)

(113, 1)

(58, 5)

(145, 3)

(40, 231)

(40, 316)

(41, 178)

(40, 80)

(63, 6)

(150, 2)

(40, 322)

(41, 84)

(41, 29)

(40, 118)

(41, 264)

(41, 195)

(51, 4)

(75, 3)

(162, 1)

(139, 1)

(41, 126)

(41, 7)

(40, 156)

(53, 6)

(127, 3)

(40, 5)

(64, 2)
(65, 3)

(40, 162)

(41, 308)

(41, 143)

(42, 7)

(116, 2)

(40, 43)

(41, 96)

(156, 3)

(117, 3)

(41, 42)

(46, 1)

(40, 200)

(40, 285)

(41, 145)

(47, 4)

(41, 325)

(82, 1)

(106, 2)

(40, 238)

(40, 291)

(59, 1)

(146, 3)

(40, 87)

(40, 254)
(132, 1)

(41, 239)

(85, 4)

(87, 2)

(111, 1)

(41, 93)

(40, 125)

(41, 237)

(41, 196)

(41, 117)

(123, 2)

(76, 3)

(41, 103)

(40, 131)

(41, 283)

(77, 2)

(40, 12)

(112, 3)

(41, 9)

(65, 4)

(40, 169)

(41, 317)

(41, 240)

(41, 336)

(66, 3)

(40, 18)

(142, 6)

(41, 19)

(46, 8)

(40, 207)

(44, 8)

(118, 3)

(40, 56)

(41, 334)

(41, 53)

(144, 4)

(40, 213)

(40, 298)

(59, 6)

(160, 2)

(40, 94)

(164, 4)

(113, 3)

(60, 1)

(147, 3)

(68, 6)

(61, 4)

(40, 304)

(41, 70)

(40, 100)

(96, 1)

(41, 205)

(49, 6)

(73, 1)

(41, 109)

(50, 5)

(137, 3)

(40, 138)

(41, 284)

(41, 215)

(125, 1)

(41, 114)

(55, 6)

(40, 144)

(41, 257)

(41, 249)

(42, 9)

(71, 6)

(40, 25)

(43, 4)

(67, 3)

(41, 20)

(40, 318)

(40, 182)

(44, 7)

(68, 4)

(40, 63)

(92, 6)

(45, 6)

(119, 3)

(146, 6)

(41, 62)

(56, 2)

(159, 2)

(40, 220)

(40, 273)

(41, 165)

(57, 3)

(40, 69)

(163, 3)

(108, 2)

(40, 226)

(40, 311)

(41, 79)

(41, 278)

(40, 107)

(62, 2)

(120, 5)

(40, 259)

(41, 155)

(41, 81)

(74, 1)

(98, 2)

(40, 113)

(41, 261)

(41, 216)

(51, 1)

(138, 3)

(162, 4)

(126, 1)

(41, 123)

(40, 55)

(40, 151)

(103, 1)

(41, 226)

(41, 335)

(142, 1)

(104, 1)

(115, 2)

(41, 299)

(40, 189)

(41, 305)

(68, 3)

(40, 38)

(69, 2)

(93, 5)

(41, 39)

(40, 195)

(40, 280)

(41, 174)

(57, 4)

(40, 76)

(105, 2)

(156, 2)

(41, 132)

(58, 3)

(145, 1)

(40, 74)

(40, 233)

(152, 1)

(41, 176)

(41, 159)

(40, 82)

(62, 5)

(110, 3)

(40, 324)

(41, 90)

(40, 120)

(41, 270)

(41, 193)

(51, 6)

(75, 5)

(164, 1)

(41, 111)

(52, 1)

(139, 3)

(41, 124)

(91, 3)

(40, 158)

(53, 4)

(41, 235)

(152, 2)

(40, 7)

(64, 4)

(88, 1)

(41, 6)

(65, 1)

(134, 2)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(129, 3)

(40, 45)

(40, 270)

(43, 8)

(117, 1)

(41, 40)

(41, 108)

(46, 7)

(40, 202)

(40, 287)

(41, 151)

(40, 51)

(71, 5)

(41, 50)

(40, 208)

(40, 293)

(59, 3)

(146, 1)

(158, 2)

(40, 89)

(60, 4)

(41, 330)

(111, 3)

(41, 67)

(48, 2)

(40, 127)

(40, 250)

(41, 202)

(40, 257)

(49, 3)

(100, 2)

(40, 133)

(41, 281)

(41, 236)

(101, 3)

(40, 14)

(54, 2)

(141, 2)

(41, 15)

(40, 171)

(55, 1)

(41, 246)

(72, 3)

(66, 1)

(40, 20)

(142, 3)

(43, 1)

(130, 3)

(41, 17)

(40, 177)

(94, 4)

(118, 1)

(40, 58)

(71, 2)

(95, 1)

(119, 4)

(41, 59)

(40, 215)

(40, 300)

(41, 162)

(107, 2)

(40, 64)

(54, 6)

(60, 3)

(128, 2)

(41, 322)

(136, 1)

(81, 3)

(61, 2)

(40, 306)

(41, 68)

(40, 102)

(96, 3)

(49, 4)

(97, 2)

(50, 3)

(137, 1)

(40, 140)

(41, 258)

(41, 213)

(41, 130)

(41, 191)

(54, 5)

(41, 105)

(102, 3)

(41, 112)

(41, 27)

(40, 146)

(41, 292)

(41, 255)

(40, 27)

(143, 5)

(43, 6)

(67, 5)

(41, 26)

(40, 184)

(44, 1)

(131, 3)

(40, 33)

(45, 4)

(41, 60)

(56, 4)

(80, 1)

(40, 275)

(41, 171)

(41, 331)

(57, 1)

(40, 71)

(41, 351)

(58, 6)

(40, 228)

(40, 313)

(109, 1)

(40, 109)

(63, 5)

(121, 6)

(41, 352)

(158, 3)

(41, 87)

(41, 274)

(40, 115)

(41, 267)

(41, 222)

(51, 3)

(138, 1)

(162, 2)

(52, 4)

(41, 121)

(40, 153)

(103, 3)

(41, 224)

(41, 115)

(40, 2)

(143, 2)

(41, 3)

(47, 6)

(40, 191)

(41, 311)

(41, 138)

(40, 97)

(40, 40)

(41, 275)

(132, 3)

(93, 3)

(117, 6)

(41, 37)

(41, 152)

(46, 2)

(40, 197)

(40, 282)

(41, 172)

(140, 3)

(40, 78)

(41, 320)

(40, 320)

(58, 1)

(82, 2)

(40, 235)

(40, 288)

(41, 182)

(146, 4)

(40, 84)

(110, 1)

(63, 2)

(87, 1)

(40, 241)

(40, 326)

(41, 88)

(122, 2)

(40, 122)

(41, 268)

(148, 2)

(99, 2)

(123, 1)

(52, 3)

(41, 98)

(40, 128)

(53, 2)

(41, 233)

(41, 185)

(40, 9)

(64, 6)

(88, 3)

(41, 107)

(94, 6)

(41, 229)

(41, 4)

(89, 2)

(40, 166)

(41, 312)

(41, 243)

(42, 3)

(66, 4)

(40, 47)

(41, 133)

(41, 46)

(46, 5)

(40, 204)

(94, 3)

(41, 149)

(41, 287)

(40, 53)

(41, 329)

(40, 266)

(41, 48)

(40, 312)

(40, 210)

(40, 295)

(59, 5)

(41, 78)

(40, 91)

(41, 339)

(60, 6)

(56, 6)

(40, 248)

(41, 65)

(48, 4)

(72, 1)

(41, 200)

(62, 6)

(49, 1)

(70, 2)

(124, 1)

(41, 300)

(40, 135)

(40, 246)

(41, 210)

(101, 1)

(41, 231)

(165, 3)

(b) After fixing the load
balancer

(41, 13)

(55, 5)

(40, 173)

(41, 289)

(41, 244)

(40, 22)

(43, 3)

(130, 1)

(154, 2)

(40, 49)

(40, 179)

(44, 4)

(41, 158)

(151, 2)

(40, 60)

(95, 3)

(119, 6)

(41, 57)

(135, 2)

(159, 1)

(40, 217)

(40, 302)

(41, 160)

(40, 66)

(41, 340)

(153, 1)

(84, 2)

(40, 255)

(40, 308)

(41, 74)

(40, 104)

(96, 5)

(120, 2)

(160, 3)

(121, 3)

(50, 1)

(74, 2)

(72, 2)

(40, 142)

(41, 256)

(41, 219)

(102, 1)

(126, 2)

(41, 118)

(55, 2)

(40, 148)

(41, 298)

(45, 9)

(41, 187)

(40, 29)

(41, 101)

(91, 2)

(115, 1)

(40, 186)

(44, 3)

(41, 135)

(92, 5)

(40, 35)

(45, 2)

(69, 5)

(41, 333)

(41, 34)

(144, 1)

(80, 3)

(40, 192)

(40, 277)

(41, 169)

(41, 245)

(40, 73)

(41, 349)

(40, 264)

(58, 4)

(40, 269)

(40, 230)

(40, 315)

(41, 179)

(40, 111)

(131, 1)

(86, 3)

(121, 4)

(40, 321)

(41, 85)

(40, 117)

(41, 265)

(41, 220)

(51, 5)

(52, 6)

(133, 1)

(40, 155)

(40, 244)

(41, 230)

(40, 4)

(64, 1)

(41, 1)

(40, 161)

(41, 309)

(41, 136)

(42, 6)

(116, 1)

(40, 42)

(93, 1)

(117, 4)

(41, 43)

(81, 4)

(40, 199)

(40, 284)

(41, 146)

(47, 5)

(41, 326)

(41, 107)

(145, 5)

(41, 291)

(40, 237)

(40, 290)

(41, 180)

(146, 2)

(40, 86)

(87, 3)

(40, 243)

(41, 94)

(40, 124)

(82, 3)

(90, 2)

(99, 4)

(123, 3)

(76, 2)

(163, 2)

(40, 130)

(41, 276)

(77, 3)

(41, 131)

(40, 11)

(112, 2)

(41, 10)

(65, 5)

(152, 3)

(40, 168)

(41, 318)

(41, 241)

(42, 1)

(66, 2)

(40, 17)

(41, 253)

(41, 199)

(41, 44)

(70, 4)

(94, 1)

(118, 2)

(133, 3)

(47, 2)

(71, 1)

(95, 4)

(41, 54)

(40, 212)

(40, 297)

(41, 189)

(83, 2)

(107, 1)

(40, 93)

(41, 337)

(40, 262)

(84, 5)

(140, 1)

(85, 3)

(61, 5)

(41, 71)

(48, 6)

(40, 99)

(41, 206)

(41, 248)

(73, 2)

(50, 4)

(124, 3)

(40, 137)

(41, 285)

(41, 208)

(125, 2)

(41, 134)

(40, 150)

(78, 3)

(165, 1)

(41, 115)

(41, 296)

(40, 175)

(79, 6)

(41, 250)

(42, 8)

(41, 272)

(40, 24)

(114, 3)

(43, 5)

(41, 21)

(40, 181)

(40, 266)

(118, 5)

(40, 62)

(45, 7)

(41, 63)

(56, 1)

(144, 5)

(40, 219)

(40, 272)

(41, 166)

(40, 68)

(41, 346)

(113, 2)

(41, 129)

(108, 1)
(40, 225)

(85, 1)

(41, 72)

(40, 106)

(120, 4)

(41, 341)

(104, 3)

(121, 1)

(41, 82)

(91, 4)

(40, 112)

(41, 262)

(41, 217)

(41, 97)

(138, 2)

(144, 2)

(161, 2)

(41, 116)

(79, 3)

(166, 1)

(41, 227)

(40, 31)

(143, 1)

(41, 30)

(115, 3)

(40, 188)

(41, 306)

(68, 2)

(155, 2)

(147, 5)

(40, 37)

(153, 2)

(41, 238)

(69, 3)

(93, 6)

(41, 32)

(40, 194)

(40, 279)

(41, 175)

(57, 5)

(40, 75)

(105, 3)

(58, 2)

(145, 2)

(40, 232)

(40, 317)

(40, 207)

(41, 277)

(40, 81)

(62, 4)

(86, 1)

(110, 2)

(63, 1)

(150, 3)

(41, 154)

(40, 323)

(41, 91)

(40, 119)

(41, 271)

(41, 194)

(75, 2)

(99, 1)

(41, 125)

(40, 157)

(53, 5)

(127, 2)

(40, 6)

(64, 3)

(79, 1)

(104, 2)

(65, 2)

(166, 3)

(40, 163)

(41, 315)

(41, 142)

(42, 4)

(116, 3)

(40, 44)

(43, 9)

(117, 2)

(41, 41)

(46, 6)

(70, 3)

(40, 286)

(41, 144)

(41, 156)

(40, 50)

(41, 324)

(41, 51)

(106, 3)

(144, 3)

(40, 239)

(40, 292)

(40, 310)

(160, 1)

(41, 168)

(40, 88)

(41, 269)

(40, 245)

(41, 92)

(48, 1)

(40, 126)

(41, 203)

(40, 309)

(41, 323)

(41, 110)

(100, 1)

(41, 24)

(40, 132)

(41, 282)

(77, 1)

(153, 3)

(40, 13)

(141, 3)

(41, 8)

(89, 6)

(40, 170)

(41, 316)

(41, 247)

(40, 19)

(145, 4)

(40, 271)

(130, 2)

(41, 18)

(46, 9)

(40, 176)

(40, 261)

(41, 153)

(159, 3)

(84, 6)

(40, 57)

(71, 3)

(158, 1)

(119, 5)

(41, 52)

(135, 1)

(157, 2)

(40, 214)

(40, 299)

(41, 163)

(83, 4)

(107, 3)

(40, 95)

(41, 343)

(60, 2)

(147, 2)

(108, 4)

(61, 3)

(40, 305)

(41, 69)

(41, 279)

(40, 101)

(96, 2)

(41, 204)

(49, 5)

(136, 3)

(97, 3)

(137, 1)

(50, 2)

(137, 2)

(40, 139)

(41, 259)

(41, 214)

(54, 4)

(78, 1)

(102, 2)

(41, 113)

(47, 3)

(40, 145)

(41, 293)

(41, 197)

(40, 26)

(114, 1)

(43, 7)

(67, 2)

(91, 1)
(40, 183)

(40, 268)

(68, 5)

(40, 32)

(45, 5)

(119, 2)

(41, 61)

(56, 3)

(40, 221)

(40, 274)

(41, 164)

(57, 2)

(40, 70)

(41, 344)

(108, 3)

(136, 2)

(81, 2)

(40, 227)

(89, 3)

(109, 2)

(122, 1)

(40, 108)

(62, 3)

(149, 1)

(41, 80)

(98, 3)

(40, 114)

(41, 260)

(41, 223)

(59, 4)

(41, 104)

(41, 122)

(40, 152)

(41, 302)

(41, 225)

(40, 1)

(143, 3)

(41, 28)

(40, 190)

(41, 304)

(41, 139)

(92, 1)

(41, 328)

(40, 39)

(69, 1)

(93, 4)

(41, 38)

(142, 3)

(40, 196)

(40, 281)

(41, 173)

(147, 1)

(40, 77)

(105, 1)

(41, 47)

(40, 234)

(40, 319)

(41, 183)

(40, 83)

(63, 3)

(150, 1)

(40, 240)

(40, 325)

(40, 203)

(134, 3)

(40, 121)

(61, 6)

(41, 192)

(40, 256)

(99, 3)

(52, 2)

(139, 2)

(163, 1)

(40, 159)

(53, 3)

(41, 234)

(40, 8)

(64, 5)

(88, 2)

(41, 5)

(128, 3)

(47, 1)

(40, 165)

(41, 313)

(41, 140)

(42, 2)

(129, 2)

(40, 46)

(156, 1)

(40, 144)

(40, 222)

(46, 4)

(70, 1)

(94, 2)

(41, 150)

(40, 52)

(71, 4)

(41, 171)

(41, 49)

(106, 1)

(40, 209)

(40, 294)

(59, 2)

(83, 1)

(40, 90)

(60, 5)

(128, 1)

(111, 2)

(41, 66)

(122, 3)

(48, 3)
(40, 96)

(41, 201)

(49, 2)

(40, 253)

(41, 100)

(40, 134)

(41, 280)

(41, 211)

(101, 2)

(41, 184)

(40, 15)

(54, 3)

(141, 1)

(41, 14)

(41, 20)

(89, 4)

(40, 172)

(41, 290)

(41, 157)

(40, 21)

(41, 16)

(40, 178)

(94, 5)

(118, 6)

(40, 59)

(41, 58)

(135, 3)

(40, 216)

(40, 301)

(41, 161)

(41, 77)

(40, 65)

(41, 177)

(41, 127)

(84, 1)

(61, 1)

(40, 307)

(41, 75)

(40, 103)

(96, 4)

(120, 1)

(97, 1)

(149, 2)

(40, 201)

(74, 5)

(161, 3)

(40, 141)

(40, 247)

(41, 212)

(157, 1)

(41, 119)

(55, 3)

(40, 147)

(166, 2)

(41, 254)

(40, 28)

(143, 4)

(67, 4)

(91, 3)

(40, 185)

(44, 2)

(131, 2)

(92, 4)

(40, 34)

(45, 3)

(69, 6)

(41, 25)

(41, 35)

(56, 5)

(80, 2)

(40, 223)

(40, 276)

(41, 170)

(40, 72)

(41, 350)

(40, 229)

(40, 314)

(41, 76)

(149, 3)

(40, 110)

(62, 1)

(86, 2)

(90, 1)

(63, 4)

(121, 5)

(114, 2)

(41, 86)

(98, 1)

(40, 116)

(41, 266)

(41, 221)

(51, 2)

(75, 1)

(162, 3)

(52, 5)

(41, 120)

(40, 154)

(103, 2)

(127, 1)

(41, 186)

(40, 3)

(100, 3)

(41, 2)

(154, 3)

(40, 160)

(41, 310)

(41, 137)

(92, 3)

(40, 41)

(93, 2)

(117, 5)

(41, 36)

(46, 3)

(40, 198)

(40, 283)

(41, 147)

(40, 79)

(41, 327)

(41, 128)

(40, 265)

(145, 6) (148, 3)

(40, 236)

(40, 289)

(164, 1)

(146, 5)

(41, 79)

(40, 85)

(40, 242)

(41, 95)

(41, 321)

(40, 123)

(41, 198)

(76, 1)

(95, 2)

(41, 301)

(40, 129)

(53, 1)

(41, 232)

(157, 3)

(40, 10)

(112, 1)

(41, 181)

(41, 11)

(65, 6)

(89, 1)(40, 167)

(41, 319)

(41, 242)

(66, 5)

(40, 16)

(69, 8)

(41, 45)

(40, 48)

(40, 205)

(40, 258)

(41, 148)

(151, 3)

(41, 99)

(40, 54)

(134, 1)

(95, 5)

(41, 55)

(40, 211)

(40, 296)

(134, 2)

(83, 3)

(40, 92)

(41, 338)

(84, 4)

(41, 89)

(155, 1)

(40, 249)

(41, 64)

(48, 5)

(40, 98)

(41, 207)

(41, 23)

(90, 3)

(41, 273)

(73, 3)

(41, 228)

(41, 106)

(124, 2)

(41, 295)

(40, 136)

(41, 286)

(41, 209)

(164, 3)

(125, 3)

(54, 1)

(78, 2)

(165, 2)

(41, 12)

(55, 4)

(40, 174)

(41, 288)

(41, 251)

(147, 6)

(40, 23)

(92, 2)

(41, 102)

(43, 2)

(67, 1)

(41, 22)

(40, 180)

(44, 5)

(118, 4)

(40, 61)

(45, 8)

(119, 1)

(41, 56)

(40, 218)

(40, 303)

(41, 167)

(40, 67)

(41, 347)

(40, 263)

(84, 3)

(140, 2)

(148, 1)

(40, 252)

(40, 224)

(85, 2)

(41, 73)

(40, 105)

(96, 6)

(120, 3)

(142, 2)

(121, 2)

(41, 83)

(74, 3)

(161, 1)

(40, 143)

(41, 263)

(41, 218)

(79, 2)

(126, 3)

(133, 2)

(41, 303)

(40, 149)

(41, 297)

(41, 252)

(40, 30)

(143, 6) (67, 6)

(41, 31)

(40, 187)

(41, 307)

(68, 1)

(92, 6)

(40, 36)

(41, 332)

(45, 1)

(69, 4)

(41, 33)

(144, 6)

(40, 193)

(40, 278)

(109, 3)

(151, 1)

(57, 6)

(81, 1)

(41, 348)

(113, 1)

(58, 5)

(145, 3)

(40, 231)

(40, 316)

(41, 178)

(40, 80)

(63, 6)

(150, 2)

(40, 322)

(41, 84)

(41, 29)

(40, 118)

(41, 264)

(41, 195)

(51, 4)

(75, 3)

(162, 1)

(139, 1)

(41, 126)

(41, 7)

(40, 156)

(53, 6)

(127, 3)

(40, 5)

(64, 2)

(41, 305)

(65, 3)

(40, 162)

(41, 308)

(41, 143)

(42, 7)

(116, 2)

(40, 43)

(41, 96)

(156, 3)

(117, 3)

(41, 42)

(46, 1)

(70, 2)

(40, 285)

(41, 145)

(47, 4)

(41, 325)

(82, 1)

(106, 2)

(40, 238)

(40, 291)

(59, 1)

(146, 3)

(40, 87)

(40, 254)

(132, 1)

(132, 2)

(163, 3)

(87, 2)

(111, 1)

(41, 93)

(40, 125)

(41, 237)

(41, 196)

(41, 117)

(123, 2)

(41, 39)

(76, 3)

(41, 103)

(40, 131)

(41, 283)

(77, 2)

(40, 12)

(41, 239)

(112, 3)

(41, 9)

(65, 4)

(40, 169)

(41, 317)

(41, 240)

(66, 3)

(40, 18)

(41, 19)

(46, 8)

(70, 5)

(40, 260)

(118, 3)

(40, 56)

(41, 334)

(41, 53)

(144, 4)

(40, 213)

(40, 298)

(41, 188)

(71, 6)

(40, 94)

(41, 336)

(113, 3)

(60, 1)

(147, 3)

(61, 4)

(40, 304)

(41, 70)

(137, 3)

(40, 100)

(96, 1)

(41, 205)

(73, 1)

(41, 109)

(50, 5)

(74, 6)

(40, 138)

(41, 284)

(41, 215)

(125, 1)

(41, 114)

(55, 6)

(79, 5)

(41, 294)

(41, 249)

(42, 9)

(41, 257)

(40, 25)

(43, 4)

(67, 3)

(154, 1)

(40, 318)

(40, 182)

(40, 267)

(68, 4)

(40, 63)

(155, 3)

(45, 6)

(119, 3)

(146, 6)

(41, 62)

(56, 2)

(159, 2)

(40, 220)

(40, 273)

(41, 165)

(57, 3)

(40, 69)

(41, 345)

(108, 2)

(40, 226)

(40, 311)

(40, 206)

(41, 278)

(40, 107)

(62, 2)

(120, 5)

(40, 259)

(41, 155)

(41, 81)

(74, 1)

(98, 2)

(40, 113)

(41, 261)

(41, 216)

(51, 1)

(138, 3)

(126, 1)

(41, 123)

(40, 55)

(40, 151)

(103, 1)

(41, 226)

(41, 335)

(142, 1)

(104, 1)

(115, 2)

(41, 299)

(40, 189)

(41, 190)

(68, 3)

(40, 38)

(69, 2)

(93, 5)

(40, 251)

(40, 195)

(40, 280)

(41, 174)

(57, 4)

(40, 76)

(105, 2)

(156, 2)

(41, 132)

(58, 3)

(145, 1)

(40, 74)

(40, 233)

(152, 1)

(41, 176)

(41, 159)

(40, 82)

(62, 5)

(110, 3)

(40, 324)

(41, 90)

(40, 120)

(41, 270)

(41, 193)

(51, 6)

(41, 111)

(52, 1)

(139, 3)

(41, 124)

(129, 1)

(40, 158)

(53, 4)

(41, 235)

(152, 2)

(40, 7)

(64, 4)

(88, 1)

(41, 6)

(65, 1)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(66, 6)

(40, 45)

(40, 270)

(43, 8)

(117, 1)

(147, 4)

(41, 108)

(46, 7)

(40, 202)

(40, 287)

(41, 151)

(40, 51)

(71, 5)

(95, 6)

(70, 6)

(41, 50)

(40, 208)

(40, 293)

(59, 3)

(146, 1)

(158, 2)

(40, 89)

(60, 4)

(41, 330)

(40, 246)

(41, 67)

(48, 2)

(40, 127)

(40, 250)

(41, 202)

(40, 257)

(49, 3)

(100, 2)

(40, 133)

(41, 281)

(41, 236)

(101, 3)

(40, 14)

(54, 2)

(141, 2)

(41, 15)

(89, 5)

(40, 171)

(55, 1)

(41, 246)

(72, 3)

(66, 1)

(40, 20)

(79, 4)

(43, 1)

(130, 3)

(41, 17)

(40, 177)

(94, 4)

(118, 1)

(40, 58)

(71, 2)

(95, 1)

(119, 4)

(41, 59)

(160, 2)

(40, 215)

(40, 300)

(41, 162)

(107, 2)

(40, 64)

(41, 342)

(60, 3)

(128, 2)

(41, 322)

(136, 1)

(81, 3)

(61, 2)

(40, 306)

(41, 68)

(40, 102)

(96, 3)

(49, 4)

(97, 2)

(50, 3)

(74, 4)

(40, 140)

(41, 258)

(41, 213)

(41, 130)

(41, 191)

(41, 105)

(102, 3)

(41, 112)

(41, 27)

(129, 3)

(40, 146)

(41, 292)

(41, 255)

(40, 27)

(143, 5)

(43, 6)

(67, 5)

(41, 26)

(40, 184)

(44, 1)

(68, 6)

(40, 33)

(45, 4)

(69, 7)

(41, 60)

(56, 4)

(80, 1)

(40, 275)

(76, 4)

(41, 331)

(57, 1)

(40, 71)

(41, 351)

(58, 6)

(41, 40)

(40, 228)

(40, 313)

(109, 1)

(40, 109)

(63, 5)

(121, 6)

(41, 352)

(158, 3)

(41, 87)

(41, 274)

(40, 115)

(41, 267)

(41, 222)

(51, 3)

(138, 1)

(162, 2)

(52, 4)

(41, 121)

(40, 153)

(103, 3)

(41, 224)

(40, 2)

(143, 2)

(131, 3)

(41, 3)

(47, 6)

(40, 191)

(41, 311)

(41, 138)

(40, 97)

(40, 40)

(41, 275)

(132, 3)

(93, 3)

(117, 6)

(41, 37)

(41, 152)

(46, 2)

(40, 197)

(40, 282)

(41, 172)

(140, 3)

(40, 78)

(41, 320)

(40, 320)

(58, 1)

(82, 2)

(111, 3)

(40, 235)

(40, 288)

(41, 182)

(146, 4)

(40, 84)

(110, 1)

(63, 2)

(87, 1)

(40, 241)

(40, 326)

(41, 88)

(122, 2)

(40, 122)

(41, 268)

(148, 2)

(99, 2)

(123, 1)

(52, 3)

(41, 98)

(40, 128)

(53, 2)

(41, 233)

(41, 185)

(40, 9)

(88, 3)

(50, 6)

(94, 6)

(41, 229)

(41, 4)

(89, 2)
(40, 166)

(41, 312)

(41, 243)

(42, 3)

(66, 4)

(40, 47)

(41, 133)

(69, 9)

(41, 46)

(46, 5)

(40, 204)
(94, 3)

(41, 149)

(41, 287)

(40, 53)

(41, 329)

(44, 6)

(41, 48)

(40, 312)

(40, 210)

(40, 295)

(164, 2)

(41, 78)

(40, 91)

(41, 339)

(60, 6)

(56, 6)

(40, 248)

(41, 65)

(48, 4)

(72, 1)

(41, 200)

(62, 6)

(49, 1)

(40, 200)

(124, 1)

(41, 300)

(40, 135)

(120, 6)

(41, 210)

(101, 1)

(41, 231)

(165, 3)

(c) After changing so
as to put work on core
1 first (solution 1)

(200, 2)

(40, 22)

(114, 5)

(43, 3)

(154, 2)

(253, 3)

(182, 1)

(40, 421)

(41, 57)

(224, 3)

(40, 255)

(40, 308)

(41, 74)

(41, 541)

(120, 2)

(247, 1)

(160, 3)

(41, 424)

(74, 2)

(40, 142)

(41, 256)

(41, 219)

(102, 1)

(213, 2)

(59, 1)

(40, 29)

(41, 401)

(41, 499)

(40, 428)

(41, 34)

(80, 3)

(40, 230)

(40, 315)

(41, 179)

(41, 518)

(62, 6)

(173, 1)

(40, 448)

(40, 117)

(41, 265)

(41, 220)

(40, 4)

(41, 410)

(167, 3)

(93, 1)

(40, 403)

(41, 43)

(47, 5)

(40, 237)

(40, 290)

(41, 180)

(41, 527)

(244, 2)

(87, 3)

(198, 2)

(40, 124)

(41, 370)

(41, 197)

(210, 1)

(238, 4)

(40, 11)

(41, 387)

(65, 5)

(76, 3)

(40, 410)

(41, 44)

(118, 2)

(47, 2)

(158, 3)

(40, 212)

(40, 297)

(41, 189)

(40, 99)

(41, 379)

(41, 206)

(136, 1)

(50, 4)

(124, 3)

(40, 498)

(41, 388)

(78, 3)

(189, 4)

(201, 1)

(231, 3)

(40, 385)

(41, 21)

(44, 6)

(118, 5)

(56, 1)

(40, 219)

(40, 272)

(41, 166)

(40, 169)

(195, 3)

(40, 106)

(41, 380)

(149, 3)

(121, 1)

(40, 505)

(41, 397)

(143, 1)

(40, 392)

(41, 30)

(115, 3)

(226, 2)

(155, 2)

(69, 3)

(254, 1)

(40, 194)

(40, 279)

(41, 175)

(40, 81)

(41, 357)

(63, 1)

(232, 3)

(75, 2)

(40, 480)

(186, 3)

(40, 399)

(41, 7)

(180, 1)

(40, 201)

(40, 286)

(41, 144)

(192, 4)

(106, 3)

(40, 515)

(40, 88)

(41, 366)

(245, 1)

(241, 1)

(59, 6)

(40, 487)

(41, 511)

(100, 1)

(140, 2)

(41, 500)

(40, 374)

(41, 8)

(152, 5)

(177, 3)

(40, 176)

(40, 261)

(41, 153)

(119, 5)

(40, 522)

(40, 95)

(41, 343)

(60, 2)

(171, 1)

(72, 5)

(199, 2)

(41, 234)

(41, 480)

(97, 3)

(137, 2)

(54, 4)

(40, 381)

(41, 113)

(79, 4)

(41, 378)

(91, 1)

(40, 183)

(40, 268)

(41, 130)

(45, 5)

(119, 2)

(230, 3)

(57, 2)

(40, 70)

(41, 344)

(40, 469)

(41, 489)

(208, 1)

(40, 356)

(41, 122)

(40, 190)

(41, 304)

(41, 139)

(116, 6)

(40, 77)

(168, 2)

(40, 476)

(41, 466)

(150, 1)

(40, 256)

(40, 363)

(41, 99)

(41, 566)

(224, 1)

(88, 2)

(215, 1)

(128, 3)

(40, 165)

(41, 313)

(41, 140)

(42, 2)

(227, 2)

(70, 1)

(181, 2)

(40, 52)

(41, 330)

(40, 451)

(41, 475)

(48, 3)

(40, 338)

(41, 100)

(187, 5)

(101, 2)

(141, 1)

(40, 172)

(41, 290)

(41, 245)

(153, 6)

(257, 1)
(252, 1)

(40, 59)

(41, 435)

(135, 3)

(40, 458)

(41, 476)

(61, 1)

(73, 6)

(40, 345)

(41, 109)

(41, 544)

(40, 247)

(212, 2)

(55, 3)

(40, 147)

(166, 2)

(41, 254)

(249, 3)

(67, 4)

(178, 1)

(40, 34)

(41, 436)

(40, 220)

(40, 433)

(41, 453)

(243, 1)

(172, 3)

(86, 2)

(40, 320)

(41, 86)

(41, 553)

(98, 1)

(209, 2)

(52, 5)

(40, 154)

(41, 300)

(41, 231)

(92, 3)

(40, 41)

(41, 445)

(117, 5)

(46, 3)

(40, 440)

(41, 462)

(169, 1)

(40, 242)

(40, 327)

(41, 95)

(41, 530)

(151, 6)

(163, 3)

(40, 129)

(41, 277)

(41, 232)

(89, 1)

(40, 16)

(41, 422)

(71, 6)

(240, 2)

(40, 447)

(41, 55)

(83, 3)

(194, 2)

(40, 249)

(40, 334)

(41, 64)

(41, 539)

(41, 425)

(40, 136)

(41, 286)

(41, 209)

(200, 3)

(40, 23)

(114, 2)

(43, 2)

(154, 3)

(253, 2)

(40, 422)

(41, 56)

(224, 4)

(40, 224)

(40, 309)

(41, 73)

(41, 540)

(120, 3)

(74, 3)

(40, 143)

(41, 263)

(41, 218)

(213, 1)

(40, 30)

(41, 400)

(225, 6)

(68, 1)

(40, 429)

(41, 33)

(80, 4)

(207, 3)

(145, 3)

(40, 231)

(40, 316)

(41, 178)

(41, 517)

(40, 118)

(41, 264)

(41, 195)

(139, 1)

(53, 6)

(127, 3)

(238, 2)

(40, 5)

(41, 409)

(167, 2)

(65, 3)

(250, 1)

(40, 366)

(40, 404)

(41, 42)

(41, 571)

(47, 4)

(256, 1)

(40, 238)

(40, 291)

(41, 187)

(41, 526)

(244, 3)

(87, 2)

(198, 3)

(40, 125)

(41, 369)

(41, 196)

(40, 12)

(41, 386)

(65, 4)

(176, 1)

(40, 411)

(41, 19)

(44, 8)

(118, 3)

(40, 213)

(40, 298)

(41, 188)

(113, 3)

(40, 100)

(96, 1)

(41, 205)

(223, 6)

(136, 2)

(40, 437)

(50, 5)

(235, 3)

(40, 499)

(41, 395)

(189, 3)
(40, 386)

(41, 20)

(44, 7)

(56, 2)

(183, 1)

(40, 273)

(41, 165) (195, 2)

(109, 3)

(40, 107)

(41, 355)

(149, 2)

(40, 506)

(41, 396)

(103, 1)

(40, 393)

(41, 29)

(115, 2)

(226, 3)

(155, 5)

(69, 2)

(40, 195)

(40, 280)

(41, 174)

(220, 1)

(40, 82)

(41, 356)

(232, 4)

(241, 2)

(75, 5)

(40, 481)

(41, 501)

(40, 368)

(41, 6)

(66, 6)

(180, 2)

(41, 128)

(40, 287)

(41, 151)

(134, 2)

(40, 454)

(217, 3)

(146, 1)

(40, 516)

(40, 89)

(41, 365)

(60, 4)

(40, 488)

(41, 510)

(100, 2)

(211, 1)

(140, 3)

(54, 2)

(40, 375)

(41, 15)

(152, 6)

(66, 1)

(177, 2)

(40, 177)

(40, 262)

(41, 152)

(119, 4)

(40, 523)

(40, 64)

(41, 342)

(60, 3)

(72, 6)

(40, 495)

(41, 487)

(97, 2)

(137, 1)

(54, 5)

(40, 382)

(41, 112)

(41, 572)

(248, 1)

(40, 184)

(40, 269)

(41, 129)

(45, 4)

(57, 1)

(40, 71)

(41, 351)

(40, 470)

(41, 488)

(208, 2)

(40, 202)

(51, 3)

(162, 2)

(40, 357)

(41, 121)

(190, 1)

(40, 191)

(41, 311)

(41, 138)

(255, 1)

(40, 78)

(41, 320)

(82, 2)
(110, 1)

(221, 2)

(41, 465)

(40, 364)

(41, 98)

(41, 565)

(88, 3)

(40, 166)

(41, 312)

(41, 243)

(42, 3)

(227, 5)

(257, 2)

(70, 6)

(181, 1)

(40, 53)

(41, 329)

(40, 452)

(41, 474)

(48, 4)

(175, 3)

(40, 339)

(41, 107)

(187, 4)

(111, 3)

(101, 1)

(55, 5)

(40, 173)

(41, 289)

(41, 244)

(153, 5)

(252, 2)

(40, 60)

(41, 434)

(95, 3)

(206, 2)

(203, 2)

(135, 2)

(218, 1)

(40, 459)

(41, 451)

(246, 4)

(73, 5)

(40, 346)

(41, 108)

(41, 551)

(212, 3)

(126, 2)

(55, 2)

(40, 148)

(41, 298)

(41, 253)

(249, 2)

(40, 35)

(41, 443)

(144, 1)

(58, 4)

(41, 452)

(86, 3)

(40, 321)

(41, 85)

(41, 552)

(209, 1)

(52, 6)

(40, 155)

(41, 275)

(41, 230)

(64, 1)

(191, 6)

(239, 2)

(40, 42)

(41, 444)

(117, 4)

(157, 3)

(40, 441)

(41, 461)

(40, 243)

(40, 328)

(41, 94)

(41, 529)

(151, 1)

(123, 3)

(234, 2)

(163, 2)

(40, 130)

(41, 276)

(77, 3)

(40, 17)

(41, 421)

(154, 4)

(71, 1)

(240, 3)

(40, 416)

(41, 54)

(83, 2)

(194, 3)

(94, 4)

(40, 250)

(40, 335)

(41, 71)

(41, 538)

(40, 478)

(40, 137)

(41, 285)

(41, 208)

(188, 1)

(41, 296)

(40, 24)

(114, 3)

(43, 5)

(253, 1)

(40, 423)

(41, 63)

(108, 1)

(40, 225)

(148, 2)

(41, 72)

(41, 515)

(120, 4)

(247, 3)

(185, 3)
(41, 262)

(41, 217)

(40, 31)

(41, 407)

(225, 5)

(68, 2)

(179, 1)

(40, 430)

(41, 32)

(80, 5)

(207, 2)

(105, 3)

(145, 2)

(40, 232)

(40, 317)

(41, 177)

(41, 516)

(62, 4)

(40, 460)

(222, 5)

(40, 119)

(41, 271)

(41, 194)

(99, 1)

(53, 5)

(127, 2)

(238, 3)

(40, 6)

(41, 408)

(65, 2)

(40, 405)

(41, 41)

(47, 7)

(216, 1)

(256, 2)

(40, 239)

(40, 292)

(41, 186)

(41, 525)

(40, 126)

(41, 368)

(41, 203)

(40, 436)

(41, 578)

(40, 13)

(41, 385)

(176, 2)

(130, 2)

(41, 18)

(44, 9)

(229, 3)

(158, 1)

(204, 2)

(40, 214)

(40, 299)

(41, 163)

(40, 528)

(40, 101)

(96, 2)

(41, 204)

(223, 1)

(136, 3)

(50, 2)

(235, 2)

(40, 500)

(41, 394)

(78, 1)

(189, 2)(40, 387)

(41, 27)

(56, 3)

(40, 221)

(40, 274)

(41, 164)

(109, 2)

(40, 108)

(41, 354)

(149, 1)

(241, 3)

(59, 4)

(40, 507)

(186, 6)

(143, 3)

(40, 394)

(41, 28)

(115, 5)

(155, 4)

(69, 1)

(40, 196)

(40, 281)

(41, 173)

(81, 6)

(220, 2)

(40, 83)

(41, 363)

(63, 3)

(174, 2)

(232, 5)

(75, 4)

(40, 482)

(186, 1)

(100, 4)

(40, 369)

(41, 5)

(251, 1)

(180, 3)

(40, 203)

(94, 2)

(41, 150)

(134, 3)

(106, 1)

(217, 2)

(40, 517)

(40, 90)

(41, 364)

(60, 5)

(40, 489)

(41, 509)

(100, 3)

(54, 3)

(40, 376)

(41, 14)

(177, 1)

(40, 178)

(40, 263)

(41, 159)

(40, 524)

(40, 65)

(41, 341)

(171, 3)

(40, 464)

(41, 486)

(97, 1)

(40, 383)

(41, 119)

(79, 6)

(248, 2)

(91, 3)

(202, 2)

(40, 185)

(40, 270)

(131, 2)

(224, 6)

(45, 3)

(230, 1)

(40, 72)

(41, 350)

(40, 471)

(41, 495)

(208, 3)

(122, 2)

(51, 2)

(162, 3)

(40, 358)

(41, 120)

(41, 563)

(190, 6)

(40, 160)

(41, 310)

(41, 137)

(257, 3)

(156, 1)

(40, 79)

(41, 327)

(82, 3)

(221, 1)

(41, 464)

(76, 1)

(41, 97)

(41, 564)

(88, 4)

(215, 3)

(40, 167)

(41, 319)

(41, 242)

(153, 3)

(227, 4)

(40, 365)

(252, 4)

(40, 54)

(41, 328)

(147, 1)

(40, 453)

(41, 473)

(61, 6)

(246, 2)

(48, 5)

(175, 2)

(73, 3)

(40, 340)

(41, 106)

(41, 573)

(55, 4)

(40, 174)

(41, 288)

(41, 251)

(153, 4)

(67, 1)

(252, 3)

(40, 61)

(41, 433)

(95, 2)

(206, 3)

(41, 237)

(41, 450)

(204, 3)

(73, 4)

(184, 1)

(40, 347)

(41, 83)

(41, 550)

(126, 3)

(40, 149)

(41, 297)

(41, 252)

(249, 1)

(67, 6)

(239, 3)

(40, 36)

(41, 442)

(104, 1)

(144, 2)

(58, 5)

(41, 459)

(243, 3)

(197, 3)

(40, 322)

(41, 84)

(41, 559)

(41, 427)

(40, 156)

(41, 274)

(41, 229)

(64, 2)

(191, 1)

(40, 43)

(41, 419)

(117, 3)

(46, 1)

(157, 2)

(40, 442)

(41, 460)

(40, 244)

(40, 329)

(41, 93)

(41, 528)

(40, 477)

(123, 2)

(234, 3)

(40, 131)

(41, 283)

(41, 238)

(40, 18)

(41, 420)

(154, 6)

(228, 1)

(46, 8)

(40, 417)

(41, 53)

(83, 5)

(40, 251)

(40, 304)

(41, 70)

(41, 537)

(49, 6)

(222, 2)

(74, 6)

(40, 138)

(41, 284)

(41, 215)

(188, 2)

(142, 2)

(40, 25)

(41, 429)

(225, 3)

(43, 4)

(154, 1)

(68, 4)

(40, 424)

(41, 62)

(108, 2)

(219, 1)

(40, 226)

(40, 311)

(41, 79)

(41, 514)

(62, 2)

(247, 2)

(74, 1)

(222, 4)

(185, 2)

(41, 261)

(41, 216)

(41, 406)

(225, 4)

(250, 4)

(68, 3)

(40, 431)

(41, 39)

(80, 6)

(40, 494)

(105, 2)

(145, 1)

(40, 233)

(40, 318)

(41, 176)

(41, 523)

(62, 5)

(40, 120)

(41, 270)

(41, 193)

(139, 3)

(53, 4)

(40, 7)

(41, 415)

(65, 1)

(40, 406)

(41, 40)

(47, 6)

(216, 2)

(204, 1)

(256, 3)

(40, 208)

(40, 293)

(59, 3)

(41, 524)

(170, 2)

(198, 1)

(40, 127)

(41, 375)

(41, 202)

(40, 14)

(41, 384)

(176, 3)

(90, 2)

(130, 3)

(41, 17)

(118, 1)

(229, 2)

(232, 2)

(40, 215)

(40, 300)

(41, 162)

(41, 428)

(40, 529)

(40, 102)

(96, 3)

(41, 502)

(50, 3)

(59, 5)

(40, 501)

(41, 393)

(78, 6)

(189, 1)

(41, 503)

(40, 388)

(41, 26)

(44, 1)

(56, 4)

(40, 222)

(40, 275)

(41, 171)

(109, 1)

(40, 109)

(41, 353)

(63, 5)

(40, 508)

(41, 498)

(103, 3)

(214, 2)

(143, 2)

(40, 395)

(41, 3)

(115, 4)

(226, 1)

(254, 4)

(40, 197)

(40, 282)

(41, 172)

(81, 5)

(40, 435)

(220, 3)

(40, 84)

(41, 362)

(63, 2)

(174, 3)

(232, 6)

(40, 483)

(41, 507)

(100, 5)

(40, 370)

(41, 4)

(152, 1)

(41, 574)

(66, 4)

(40, 204)

(94, 3)

(41, 149)

(217, 1)

(40, 518)

(40, 91)

(41, 339)

(60, 6)

(72, 1)

(40, 490)

(41, 508)

(211, 3)

(165, 3)

(40, 377)

(41, 13)

(40, 179)

(40, 264)

(41, 158)

(45, 9)

(119, 6)

(159, 1)

(40, 525)

(40, 66)

(41, 340)

(242, 2)

(171, 2)

(85, 3)

(40, 465)

(41, 485)

(40, 114)

(40, 352)

(41, 118)

(79, 1)

(248, 3)

(40, 415)

(91, 2)

(202, 3)

(40, 186)

(40, 271)

(41, 135)

(45, 2)

(40, 73)

(41, 349)

(196, 1)

(40, 472)

(41, 494)

(122, 3)

(51, 5)

(40, 359)

(41, 127)

(41, 562)

(111, 1)

(40, 161)

(41, 309)

(41, 136)

(42, 6)

(116, 1)

(156, 2)

(255, 3)

(40, 48)

(41, 326)

(193, 3)

(40, 479)

(41, 471)

(76, 2)

(41, 96)

(187, 1)

(215, 2)

(40, 168)

(41, 318)

(41, 241)

(42, 1)

(153, 2)

(70, 4)

(40, 55)

(41, 335)

(107, 1)

(77, 2)

(41, 472)

(61, 5)

(246, 3)

(48, 6)

(73, 2)

(40, 341)

(41, 105)

(187, 6)

(40, 175)

(41, 295)

(41, 250)

(42, 8)

(40, 62)

(41, 432)

(41, 321)

(40, 461)

(41, 449)

(184, 2)

(40, 348)

(41, 82)

(41, 549)

(138, 2)

(237, 3)

(40, 150)

(166, 1)

(41, 227)

(224, 2)

(40, 37)

(41, 441)

(104, 2)

(231, 1)

(144, 3)

(58, 2)

(41, 458)

(243, 2)

(86, 1)

(197, 2)

(40, 323)

(41, 91)

(41, 558)

(221, 3)

(40, 157)

(41, 273)

(41, 228)

(64, 3)

(166, 3)

(40, 44)

(41, 418)

(43, 9)

(117, 2)

(46, 6)

(157, 1)

(40, 443)

(41, 51)

(40, 245)

(40, 330)

(41, 92)

(41, 535)

(151, 3)

(40, 132)

(41, 282)

(77, 1)

(188, 4)

(40, 19)

(114, 6)

(228, 2)

(46, 9)

(71, 3)

(182, 2)

(40, 418)

(41, 52)

(83, 4)

(194, 1)

(40, 252)

(40, 305)

(41, 69)

(41, 536)

(49, 5)

(40, 139)

(41, 259)

(41, 214)

(188, 3)

(102, 2)

(142, 3)

(40, 26)

(114, 1)

(225, 2)

(43, 7)

(68, 5)

(40, 425)

(41, 61)

(108, 3)

(40, 227)

(40, 312)

(41, 78)

(41, 513)

(62, 3)

(185, 1)

(41, 260)

(41, 223)

(40, 434)

(40, 1)

(41, 405)

(179, 3)

(40, 400)

(41, 38)

(133, 3)

(105, 1)
(40, 234)

(40, 319)

(41, 183)

(41, 522)

(40, 121)

(41, 269)

(41, 192)

(99, 3)

(210, 2)

(139, 2)

(53, 3)

(238, 1)

(40, 8)

(41, 414)

(40, 407)

(41, 47)

(47, 1)

(216, 3)

(256, 4)

(40, 209)

(40, 294)

(59, 2)

(170, 3)

(40, 96)

(41, 374)

(41, 201)

(164, 1)

(41, 184)

(40, 15)

(41, 391)

(90, 3)

(41, 496)

(40, 414)

(41, 16)

(118, 6)

(229, 1)

(41, 131)

(40, 301)

(41, 161)

(84, 1)

(40, 530)

(40, 103)

(41, 383)

(223, 3)

(161, 3)

(40, 502)

(41, 392)

(40, 389)

(41, 25)

(44, 2)

(155, 1)

(69, 6)

(254, 2)

(56, 5)

(40, 223)

(40, 276)

(41, 170)

(81, 3)

(40, 110)

(41, 352)

(63, 4)

(75, 1)

(40, 509)

(186, 4)

(103, 2)

(214, 3)

(40, 396)

(41, 2)

(41, 575)

(155, 6)

(203, 3)

(40, 198)

(40, 283)

(41, 147)

(81, 4)

(192, 1)

(148, 3)

(40, 512)

(40, 85)

(41, 361)

(75, 6)

(40, 484)

(41, 506)

(100, 6)

(112, 1)

(40, 371)

(41, 11)

(152, 2)

(66, 5)

(40, 468)

(251, 3)

(40, 205)

(40, 258)

(41, 148)

(205, 3)

(134, 1)

(40, 519)

(40, 92)

(41, 338)

(72, 2)

(199, 1)

(40, 491)

(41, 483)

(40, 113)

(211, 2)

(125, 3)

(54, 1)

(165, 2)

(40, 378)

(41, 12)

(40, 180)

(40, 265)

(41, 157)

(45, 8)

(119, 1)

(40, 526)

(40, 67)

(41, 347)

(242, 3)

(85, 2)

(40, 466)

(41, 484)

(236, 1)

(40, 353)

(41, 117)

(248, 4)

(40, 187)

(41, 307)

(41, 134)

(45, 1)

(156, 4)

(57, 6)

(40, 74)

(41, 348)

(40, 216)

(196, 2)

(40, 473)

(41, 493)

(150, 2)

(233, 3)

(51, 4)

(162, 1)

(40, 360)

(41, 126)

(41, 561)

(190, 4)

(40, 162)

(41, 308)

(41, 143)

(42, 7)

(116, 2)

(227, 1)

(156, 3)

(70, 2)

(255, 2)

(40, 49)

(41, 325)

(82, 1)

(193, 2)

(41, 239)

(41, 470)

(40, 367)

(41, 103)

(41, 570)

(113, 2)

(41, 317)

(41, 240)

(153, 1)

(227, 6)

(239, 1)

(70, 5)

(40, 56)

(41, 334)

(41, 322)

(147, 3)

(40, 455)

(41, 479)

(61, 4)

(48, 7)

(73, 1)

(40, 342)

(41, 104)

(41, 547)

(55, 6)

(40, 144)

(41, 294)

(41, 249)

(42, 9)

(67, 3)

(178, 2)

(40, 63)

(41, 439)

(206, 1)

(40, 462)

(41, 448)

(40, 259)

(184, 3)

(40, 349)

(41, 81)

(41, 548)

(98, 2)

(138, 3)

(126, 1)

(237, 2)

(40, 151)

(41, 303)

(41, 226)

(41, 299)

(40, 38)

(41, 440)

(132, 1)

(104, 3)

(58, 3)

(41, 457)

(197, 1)

(40, 324)

(41, 90)

(41, 557)

(151, 5)

(52, 1)

(40, 158)

(41, 272)

(41, 235)

(64, 4)

(191, 3)

(129, 3)

(40, 45)

(41, 417)

(43, 8)

(117, 1)

(228, 4)

(46, 7)

(76, 6)

(71, 5)

(40, 444)

(41, 50)

(40, 246)

(40, 331)

(41, 67)

(41, 534)

(151, 2)

(49, 3)

(234, 1)

(222, 6)

(40, 133)

(41, 281)

(41, 236)

(188, 5)

(40, 20)

(41, 426)

(43, 1)

(183, 2)

(228, 3)

(71, 2)

(182, 3)

(40, 419)

(41, 59)

(40, 253)

(40, 306)

(41, 68)

(41, 543)

(49, 4)

(160, 1)

(74, 4)

(40, 140)

(41, 258)

(41, 213)

(41, 576)

(102, 3)

(40, 27)

(41, 403)

(225, 1)

(43, 6)

(68, 6)

(40, 426)

(41, 60)

(80, 1)

(219, 3)

(40, 228)

(40, 313)

(41, 77)

(41, 512)

(173, 3)

(40, 115)

(41, 267)

(41, 222)

(40, 2)

(41, 404)

(167, 1)

(250, 2)

(179, 2)

(93, 3)

(40, 401)

(41, 37)

(133, 2)

(40, 235)

(40, 288)

(41, 182)

(41, 521)

(87, 1)

(41, 430)

(40, 122)

(41, 268)

(41, 199)

(99, 2)

(210, 3)

(53, 2)

(41, 185)

(40, 9)

(41, 413)

(41, 497)

(40, 408)

(41, 46)

(40, 210)

(40, 295)

(41, 191)

(131, 3)

(40, 97)

(41, 373)

(41, 200)

(223, 5)

(50, 6)

(124, 1)

(164, 2)

(40, 496)

(41, 390)

(189, 6)

(201, 3)

(130, 1)

(41, 23)

(44, 4)

(47, 9)

(40, 217)

(40, 302)

(41, 160)

(84, 2)

(195, 1)

(40, 104)

(41, 382)

(223, 2)

(121, 3)

(50, 1)

(161, 2)

(40, 503)

(41, 399)

(78, 4)

(40, 390)

(41, 24)

(115, 1)

(226, 4)

(44, 3)

(69, 5)

(254, 3)

(56, 6)

(40, 192)

(40, 277)

(41, 169)

(81, 2)

(40, 310)

(40, 111)

(41, 359)

(232, 1)

(40, 510)

(186, 5)

(40, 397)

(41, 1)

(115, 6)

(40, 199)

(40, 284)

(41, 146)

(192, 2)

(146, 2)

(40, 513)

(40, 86)

(41, 360)

(245, 3)

(174, 1)

(40, 485)

(41, 505)

(40, 112)

(112, 2)

(40, 372)

(41, 10)

(152, 3)

(66, 2)

(40, 413)

(251, 2)

(40, 206)

(94, 1)

(41, 155)

(205, 2)

(40, 520)

(40, 93)

(41, 337)

(72, 3)

(40, 492)

(41, 482)

(125, 2)

(54, 6)

(165, 1)

(40, 379)

(41, 115)

(40, 181)

(40, 266)

(41, 156)

(45, 7)

(159, 3)

(40, 527)

(40, 68)

(41, 346)

(85, 1)

(196, 4)

(40, 467)

(41, 491)

(168, 3)

(236, 2)

(40, 354)

(41, 116)

(79, 3)

(190, 2)

(202, 1)

(40, 188)

(41, 306)

(41, 133)

(116, 4)

(156, 5)

(57, 5)

(40, 75)

(41, 323)

(196, 3)

(110, 2)

(77, 4)

(41, 492)

(150, 3)

(122, 1)

(233, 2)

(76, 5)

(41, 125)

(41, 560)

(190, 5)

(41, 376)

(128, 1)

(40, 163)

(41, 315)

(41, 142)

(42, 4)

(116, 3)

(70, 3)

(40, 50)

(41, 324)

(193, 1)

(40, 449)

(41, 469)

(48, 1)

(40, 336)

(41, 102)

(187, 3)

(141, 3)

(40, 170)

(41, 316)

(41, 247)

(40, 57)

(41, 333)

(135, 1)

(107, 3)

(218, 2)

(147, 2)

(40, 456)

(41, 478)

(61, 3)

(246, 1)

(40, 343)

(41, 111)

(41, 546)

(40, 474)

(55, 1)

(40, 145)

(41, 293)

(41, 248)

(67, 2)

(178, 3)

(40, 32)

(41, 438)

(40, 463)

(41, 455)

(172, 1)

(40, 350)

(41, 80)

(41, 555)

(98, 3)

(237, 1)

(40, 152)

(41, 302)

(41, 225)

(191, 5)

(92, 1)

(40, 39)

(41, 447)

(132, 2)

(40, 361)

(40, 438)

(41, 456)

(169, 3)

(40, 240)

(40, 325)

(41, 89)

(41, 556)

(151, 4)

(52, 2)

(163, 1)

(222, 1)

(40, 159)

(41, 279)

(77, 6)

(64, 5)

(191, 2)

(89, 3)

(129, 2)

(40, 46)

(41, 416)

(183, 3)

(46, 4)

(71, 4)

(40, 445)

(41, 49)

(83, 1)

(194, 4)

(111, 2)

(40, 332)

(41, 66)

(41, 533)

(49, 2)

(40, 134)

(41, 280)

(41, 211)

(188, 6)

(41, 577)

(40, 432)

(200, 1)

(40, 21)

(114, 4)

(154, 5)

(40, 420)

(41, 58)

(83, 6)

(40, 254)

(40, 307)

(41, 75)

(41, 542)

(120, 1)

(160, 2)

(74, 5)

(40, 141)

(41, 257)

(41, 212)

(213, 3)

(142, 1)

(40, 28)

(41, 402)

(40, 427)

(41, 35)

(80, 2)

(207, 1)

(219, 2)

(40, 229)

(40, 314)

(41, 76)

(41, 519)

(62, 1)

(173, 2)

(41, 431)

(40, 116)

(41, 266)

(41, 221)

(127, 1)

(40, 3)

(41, 411)

(250, 3)

(93, 2)

(40, 402)

(41, 36)

(133, 1)

(40, 236)

(40, 289)

(41, 181)

(41, 520)

(244, 1)

(40, 123)

(41, 371)

(41, 198)

(53, 1)

(40, 10)

(41, 412)

(222, 3)

(65, 6)

(40, 409)

(41, 45)

(47, 3)

(158, 2)

(40, 211)

(40, 296)

(41, 190)

(170, 1)

(84, 4)

(198, 4)

(40, 98)

(41, 372)

(41, 207)

(223, 4)

(124, 2)

(235, 1)

(164, 3)

(40, 497)

(41, 389)

(78, 2)

(189, 5)

(90, 1)

(201, 2)

(40, 384)

(41, 22)

(41, 569)

(44, 5)

(118, 4)

(203, 1)

(47, 8)

(40, 218)

(40, 303)

(41, 167)

(84, 3)

(148, 1)

(40, 105)

(41, 381)

(121, 2)

(161, 1)

(40, 504)

(41, 398)

(78, 5)

(40, 391)

(41, 31)

(155, 3)

(69, 4)

(40, 193)

(40, 278)

(41, 168)

(81, 1)

(113, 1)

(40, 80)

(41, 358)

(63, 6)

(40, 439)

(75, 3)

(40, 511)

(186, 2)

(214, 1)

(224, 5)

(40, 398)(40, 412)

(40, 200)

(40, 285)

(41, 145)

(192, 3)

(106, 2)

(146, 3)

(40, 514)

(40, 87)

(41, 367)

(245, 2)

(40, 486)

(41, 504)

(140, 1)

(112, 3)

(40, 373)

(41, 9)

(152, 4)

(66, 3)

(40, 207)

(40, 260)

(41, 154)

(205, 1)

(40, 521)

(40, 94)

(41, 336)

(60, 1)

(72, 4)

(199, 3)

(40, 493)

(41, 481)

(137, 3)

(125, 1)

(236, 4)

(40, 380)

(41, 114)

(79, 5)

(40, 182)

(40, 267)

(131, 1)

(45, 6)

(119, 3)

(230, 2)

(159, 2)

(57, 3)

(40, 69)

(41, 345)

(242, 1)

(77, 5)

(41, 490)

(51, 1)

(236, 3)

(40, 355)

(41, 123)

(79, 2)

(190, 3)

(41, 377)

(40, 189)

(41, 305)

(41, 132)

(116, 5)

(156, 6)

(57, 4)

(40, 76)

(168, 1)

(82, 4)

(110, 3)

(40, 475)

(41, 467)

(233, 1)

(51, 6)

(40, 362)

(41, 124)

(41, 567)

(88, 1)

(128, 2)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(227, 3)

(181, 3)

(40, 51)

(41, 331)

(40, 450)

(41, 468)

(48, 2)

(175, 1)

(40, 257)

(40, 337)

(41, 101)

(187, 2)

(101, 3)

(141, 2)

(41, 568)

(40, 171)

(41, 291)

(41, 246)

(40, 58)

(41, 332)

(95, 1)

(107, 2)

(218, 3)

(40, 457)

(41, 477)

(61, 2)

(40, 344)

(41, 110)

(41, 545)

(212, 1)

(40, 146)

(41, 292)

(41, 255)

(67, 5)

(40, 33)

(41, 437)

(76, 4)

(58, 6)

(41, 454)

(172, 2)

(40, 351)

(41, 87)

(41, 554)

(209, 3)

(138, 1)

(52, 4)

(40, 153)

(41, 301)

(41, 224)

(191, 4)

(92, 2)

(40, 40)

(41, 446)

(132, 3)

(117, 6)

(46, 2)

(231, 2)

(58, 1)

(41, 463)

(169, 2)

(40, 241)

(40, 326)

(41, 88)

(41, 531)

(123, 1)

(52, 3)

(40, 128)

(41, 278)

(41, 233)

(64, 6)

(89, 2)

(129, 1)

(40, 47)

(41, 423)

(46, 5)

(240, 1)

(40, 446)

(41, 48)

(40, 248)

(40, 333)

(41, 65)

(41, 532)

(49, 1)

(40, 135)

(41, 287)

(41, 210)

(d) plus changing the
divide factor from 0.6
to 0.5

(200, 2)

(327, 1)

(40, 961)

(40, 22)

(114, 5)

(496, 4)

(43, 3)

(154, 2)

(366, 3)

(339, 2)

(450, 3)

(253, 3)

(182, 1)

(40, 848)

(40, 421)

(41, 57)

(41, 908)

(493, 6)

(224, 3)

(311, 3)

(41, 1229)

(40, 1109)

(40, 682)

(40, 255)

(40, 308)

(41, 74)

(41, 541)

(422, 2)

(444, 1)

(120, 2)

(247, 1)

(160, 3)

(41, 424)

(74, 2)

(40, 569)

(40, 142)

(41, 256)

(41, 219)

(370, 3)

(41, 1121)

(299, 5)

(102, 1)

(213, 2)

(296, 2)

(509, 1)

(59, 1)

(40, 29)

(41, 401)

(41, 868)

(40, 934)

(41, 1266)

(495, 5)

(512, 1)

(364, 1)

(40, 855)

(40, 428)

(41, 34)

(404, 2)

(80, 3)

(429, 6)

(503, 3)

(441, 3)

(40, 1116)

(40, 657)

(40, 230)

(40, 315)

(41, 179)

(41, 518)

(62, 6)

(173, 1)

(40, 1038)

(40, 544)

(40, 117)

(41, 265)

(41, 220)

(41, 663)

(41, 1130)

(348, 4)

(45, 9)

(324, 2)

(435, 1)

(538, 1)

(40, 975)

(40, 4)

(41, 410)

(167, 3)

(278, 2)

(463, 2)

(525, 3)

(293, 2)

(361, 3)

(290, 1)

(401, 2)

(93, 1)

(40, 403)

(41, 43)

(41, 1022)

(47, 5)

(105, 6)

(41, 369)

(343, 4)

(40, 1091)

(40, 664)

(40, 237)

(40, 290)

(41, 180)

(41, 527)

(535, 3)

(244, 2)

(355, 1)

(284, 3)

(475, 3)

(87, 3)

(531, 2)

(198, 2)

(439, 2)

(40, 551)

(40, 124)

(41, 370)

(41, 197)

(41, 664)

(41, 1107)

(99, 4)

(210, 1)

(321, 2)

(124, 4)

(435, 6)

(238, 4)

(40, 11)

(41, 387)

(41, 854)

(41, 1276)

(384, 2)

(65, 5)

(516, 1)

(76, 3)

(472, 1)

(40, 752)

(40, 837)

(130, 4)

(41, 44)

(536, 2)

(426, 5)

(118, 2)

(47, 2)

(551, 1)

(158, 3)

(269, 4)

(41, 959)

(40, 1098)

(40, 671)

(40, 212)

(40, 297)

(41, 189)

(41, 624)

(281, 1)

(41, 709)

(84, 5)

(40, 1115)

(40, 558)

(40, 99)

(41, 379)

(41, 206)

(41, 641)

(41, 1108)

(136, 1)

(50, 4)

(124, 3)

(40, 957)

(40, 498)

(41, 388)

(386, 2)

(78, 3)

(41, 1253)

(41, 789)

(40, 878)

(485, 3)

(414, 1)

(41, 1251)

(201, 1)

(40, 759)

(231, 3)

(40, 385)

(41, 21)

(41, 1000)

(44, 6)

(41, 1083)

(421, 1)

(56, 1)

(40, 646)

(40, 219)

(40, 272)

(41, 166)

(352, 2)

(479, 1)

(40, 1073)

(40, 169)

(392, 3)

(195, 3)

(306, 2)

(40, 1094)

(109, 4)

(432, 4)

(40, 533)

(40, 106)

(41, 380)

(149, 3)

(41, 650)

(41, 1117)

(334, 1)

(445, 2)

(121, 1)

(41, 933)

(518, 1)

(467, 2)

(40, 932)

(40, 505)

(41, 397)

(41, 832)

(41, 899)

(41, 1262)

(103, 6)

(491, 2)

(143, 1)

(40, 766)

(40, 819)

(40, 392)

(41, 30)

(115, 3)

(483, 2)

(226, 2)

(41, 686)

(155, 2)

(266, 3)

(511, 2)

(69, 3)

(513, 2)

(254, 1)

(40, 1080)

(40, 194)

(40, 279)

(41, 175)

(41, 610)

(405, 1)

(510, 3)

(331, 1)

(40, 540)

(40, 81)

(41, 357)

(41, 824)

(41, 755)

(260, 1)

(424, 2)

(63, 1)

(232, 3)

(41, 1092)

(276, 1)

(75, 2)

(40, 480)

(186, 3)

(41, 841)

(41, 1239)

(40, 1015)

(41, 827)

(325, 1)

(41, 993)

(40, 1168)

(40, 741)

(40, 826)

(40, 399)

(41, 7)

(41, 986)

(40, 240)

(362, 6)

(180, 1)

(40, 1087)

(40, 628)

(40, 201)

(40, 286)

(41, 144)

(41, 619)

(41, 1086)

(319, 3)

(430, 2)

(106, 3)

(40, 1099)

(40, 515)

(40, 88)

(41, 366)

(41, 801)

(41, 756)

(41, 1103)

(41, 949)

(245, 1)

(41, 931)

(356, 4)

(241, 1)

(59, 6)

(40, 487)

(41, 511)

(40, 817)

(40, 941)

(41, 1240)

(100, 1)

(544, 2)

(140, 2)

(507, 1)

(41, 500)

(436, 3)

(40, 748)

(40, 801)

(40, 374)

(41, 8)

(350, 2)

(279, 2)

(390, 3)

(40, 1076)

(526, 1)

(177, 3)

(251, 4)

(362, 1)

(473, 2)

(40, 1062)

(40, 635)

(40, 176)

(40, 261)

(41, 153)

(41, 620)

(40, 882)

(134, 4)

(430, 5)

(41, 1069)

(159, 4)

(41, 479)

(40, 522)

(40, 95)

(40, 586)

(41, 810)

(60, 2)

(477, 2)

(171, 1)

(348, 3)

(356, 3)

(85, 6)

(40, 921)

(72, 5)

(443, 2)

(199, 2)

(310, 3)

(40, 494)

(41, 480)

(97, 3)

(41, 1217)

(137, 2)

(456, 3)

(348, 1)

(433, 1)

(236, 5)

(54, 4)

(40, 723)

(40, 808)

(40, 381)

(41, 113)

(41, 964)

(41, 1013)

(79, 4)

(383, 1)

(288, 1)

(41, 378)

(91, 1)

(40, 1069)

(40, 610)

(40, 183)

(40, 268)

(41, 130)

(41, 597)

(41, 1064)

(45, 5)

(119, 2)

(230, 3)

(239, 4)

(341, 4)

(57, 2)

(40, 70)

(41, 249)

(41, 787)

(41, 742)

(353, 1)

(171, 6)

(41, 1154)

(40, 896)

(40, 469)

(41, 489)

(97, 4)

(208, 1)

(41, 815)

(122, 4)

(40, 1157)

(40, 730)

(40, 815)

(40, 356)

(41, 122)

(40, 985)

(387, 2)

(301, 3)

(486, 1)

(41, 1067)

(91, 6)

(40, 1044)

(40, 617)

(40, 190)

(41, 304)

(41, 139)

(41, 606)

(41, 1041)

(40, 1059)

(41, 1153)

(40, 1016)

(40, 77)

(168, 2)

(41, 788)

(295, 1)

(41, 1186)

(82, 5)

(542, 2)

(275, 2)

(378, 2)

(307, 2)

(418, 3)

(40, 903)

(40, 476)

(41, 466)

(41, 862)

(150, 1)

(261, 2)

(495, 4)

(40, 256)

(41, 1252)

(40, 1164)

(40, 705)

(40, 790)

(40, 363)

(41, 99)

(41, 566)

(412, 1)

(88, 2)

(548, 3)

(215, 1)

(128, 3)

(40, 592)

(40, 165)

(40, 603)

(41, 140)

(42, 2)

(41, 1050)

(227, 2)

(420, 3)

(338, 3)

(436, 4)

(70, 1)

(41, 1231)

(181, 2)

(40, 1023)

(40, 52)

(41, 330)

(477, 1)

(41, 720)

(40, 872)

(41, 588)

(495, 3)

(431, 5)

(40, 910)

(40, 451)

(41, 475)

(332, 1)

(185, 6)

(48, 3)

(40, 968)

(504, 2)

(344, 4)

(471, 3)

(40, 1139)

(40, 712)

(40, 797)

(40, 338)

(41, 100)

(41, 575)

(409, 3)

(101, 2)

(545, 1)

(141, 1)

(40, 1026)

(40, 599)

(40, 172)

(41, 290)

(41, 245)

(41, 584)

(41, 1027)

(257, 1)
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(41, 556)

(435, 3)

(49, 9)

(52, 2)

(163, 1)

(222, 1)

(40, 159)

(41, 279)

(77, 6)

(41, 701)

(41, 1136)

(191, 2)

(302, 3)

(89, 3)

(549, 2)

(129, 2)

(40, 46)

(41, 416)

(41, 891)

(41, 718)

(425, 1)

(46, 4)

(71, 4)

(294, 2)

(40, 445)

(41, 49)

(41, 900)

(280, 1)

(83, 1)

(368, 3)

(40, 1049)

(490, 5)

(40, 1133)

(40, 674)

(40, 247)

(40, 332)

(41, 66)

(41, 533)

(333, 4)

(49, 2)

(345, 1)

(40, 561)

(40, 134)

(41, 280)

(41, 211)

(41, 678)

(41, 1145)

(532, 3)

(41, 577)

(41, 942)

(40, 432)

(41, 1044)

(89, 4)

(200, 1)

(40, 960)

(40, 21)

(114, 4)

(41, 892)

(41, 1162)

(339, 3)

(450, 2)

(40, 879)

(40, 420)

(41, 58)

(41, 909)

(478, 1)

(83, 6)

(40, 1077)

(108, 6)

(267, 3)

(40, 681)

(40, 254)

(40, 307)

(41, 75)

(41, 542)

(41, 913)

(120, 1)

(220, 2)

(160, 2)

(494, 5)

(287, 1)

(74, 5)

(40, 568)

(40, 141)

(41, 257)

(41, 212)

(370, 2)

(41, 1122)

(40, 805)

(299, 2)

(410, 3)

(546, 1)

(213, 3)

(142, 1)

(509, 2)

(40, 967)

(40, 28)

(41, 402)

(41, 869)

(41, 1267)

(432, 2)

(40, 854)

(40, 427)

(41, 35)

(404, 1)

(80, 2)

(540, 3)

(207, 1)

(513, 3)

(376, 3)

(311, 2)

(219, 2)

(40, 656)

(40, 229)

(40, 314)

(41, 76)

(41, 519)

(422, 3)

(62, 1)

(173, 2)

(469, 1)

(41, 431)

(40, 575)

(40, 116)

(41, 266)

(41, 221)

(41, 656)

(41, 1131)

(324, 1)

(41, 1160)

(127, 1)

(40, 974)

(40, 3)

(41, 411)

(41, 878)

(41, 1268)

(336, 4)

(463, 3)

(535, 1)

(250, 3)

(401, 3)

(93, 2)

(40, 402)

(41, 36)

(41, 1023)

(133, 1)

(41, 1235)

(40, 1090)

(40, 663)

(40, 236)

(40, 289)

(41, 181)

(41, 520)

(170, 6)

(244, 1)

(41, 940)

(284, 2)

(395, 1)

(531, 3)

(40, 550)

(40, 123)

(41, 371)

(41, 198)

(41, 665)

(423, 2)

(99, 5)

(321, 3)

(506, 1)

(53, 1)

(40, 949)

(40, 10)

(41, 412)

(41, 855)

(222, 3)

(278, 4)

(472, 3)

(41, 1175)

(65, 6)

(293, 1)

(303, 4)

(90, 6)

(40, 836)

(40, 409)

(41, 45)

(41, 992)

(315, 1)

(426, 4)

(500, 3)

(47, 3)

(158, 2)

(494, 1)

(343, 2)

(40, 1097)

(40, 670)

(40, 211)

(40, 296)

(41, 190)

(41, 625)

(170, 1)

(281, 2)

(84, 4)

(41, 770)

(40, 557)

(40, 98)

(41, 372)

(41, 207)

(41, 642)

(41, 1109)

(432, 1)

(124, 2)

(235, 1)
(164, 3)

(40, 956)

(40, 497)

(41, 389)

(41, 856)

(78, 2)

(522, 3)

(384, 3)

(41, 822)

(374, 3)

(176, 6)

(40, 945)

(537, 1)

(90, 1)

(201, 2)

(40, 758)

(40, 843)

(40, 384)

(41, 22)

(497, 1)

(41, 569)

(44, 5)

(203, 1)

(47, 8)

(40, 1072)

(40, 645)

(40, 218)

(40, 303)

(41, 167)

(352, 1)

(392, 2)

(84, 3)

(148, 1)

(306, 5)

(40, 1018)

(109, 5)

(40, 532)

(40, 105)

(41, 381)

(41, 816)

(41, 651)

(41, 1118)

(445, 3)

(121, 2)

(161, 1)

(235, 6)

(40, 931)

(40, 504)

(41, 398)

(41, 833)

(78, 5)

(41, 1263)

(517, 3)

(40, 765)

(40, 818)

(40, 391)

(41, 31)

(41, 978)

(155, 3)

(266, 2)

(69, 4)

(40, 1024)

(40, 1079)

(40, 652)

(40, 193)

(40, 278)

(41, 168)

(41, 611)

(405, 2)

(81, 1)

(113, 1)

(40, 539)

(40, 80)

(41, 358)

(41, 809)

(41, 652)

(466, 2)

(63, 6)

(58, 1)

(490, 2)

(359, 1)

(272, 3)

(75, 3)

(40, 511)

(186, 2)

(41, 842)

(41, 898)

(371, 2)

(482, 3)

(214, 1)

(325, 2)

(40, 740)

(40, 825)

(40, 398)

(41, 987)

(40, 412)

(40, 1086)

(40, 627)

(40, 200)

(40, 285)

(41, 145)

(41, 612)

(41, 1087)

(192, 3)

(106, 2)

(146, 3)

(40, 514)

(40, 87)

(41, 367)

(41, 802)

(41, 757)

(41, 1096)

(245, 2)

(174, 6)

(285, 1)

(276, 2)

(40, 913)

(40, 486)

(41, 504)

(40, 996)

(41, 1241)

(544, 1)

(140, 1)

(436, 2)

(112, 3)

(40, 800)

(40, 373)

(41, 9)

(41, 988)

(523, 3)

(40, 241)

(390, 2)

(66, 3)

(473, 3)

(40, 1061)

(40, 634)

(40, 207)

(40, 260)

(41, 154)

(205, 1)

(41, 1056)

(430, 4)

(40, 1100)

(40, 521)

(40, 94)

(41, 336)

(41, 811)

(60, 1)

(41, 1201)

(356, 2)

(467, 1)

(396, 3)

(72, 4)

(199, 3)

(310, 2)

(40, 493)

(41, 481)

(495, 2)

(457, 3)

(137, 3)

(322, 1)

(433, 2)

(125, 1)

(236, 4)

(446, 2)

(40, 722)

(40, 807)

(40, 380)

(41, 114)

(41, 965)

(79, 5)

(459, 3)

(297, 1)

(375, 4)

(313, 3)

(296, 3)

(40, 609)

(40, 182)

(40, 267)

(131, 1)

(41, 598)

(40, 883)

(316, 3)

(45, 6)

(119, 3)

(230, 2)

(41, 1068)

(159, 2)

(270, 3)

(41, 478)

(57, 3)

(40, 69)

(41, 345)

(242, 1)

(41, 743)

(353, 2)

(393, 1)

(516, 3)

(492, 6)

(40, 927)

(40, 468)

(41, 490)

(97, 5)

(475, 1)

(504, 1)

(51, 1)

(162, 4)

(236, 3)

(40, 1156)

(40, 729)

(40, 814)

(40, 355)

(41, 123)

(41, 974)

(387, 3)

(79, 2)

(190, 3)

(420, 1)

(301, 4)

(41, 377)

(40, 1043)

(40, 616)

(40, 189)

(41, 305)

(41, 132)

(41, 607)

(41, 1042)

(41, 647)

(57, 4)

(40, 76)

(168, 1)

(113, 5)

(41, 744)

(41, 1187)

(82, 4)

(307, 3)

(418, 2)

(110, 3)

(40, 902)

(40, 475)

(41, 467)

(41, 934)

(41, 1228)

(261, 3)

(446, 1)

(233, 1)

(51, 6)

(40, 1163)

(40, 704)

(40, 789)

(40, 362)

(41, 124)

(41, 567)

(82, 6)

(413, 3)

(88, 1)

(548, 2)

(128, 2)

(40, 623)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(41, 1051)

(227, 3)

(338, 2)

(267, 2)

(514, 1)

(181, 3)

(40, 1022)

(40, 51)

(41, 331)

(457, 2)

(41, 721)

(41, 1188)

(40, 1058)

(40, 909)

(40, 450)

(41, 468)

(41, 943)

(477, 3)

(365, 5)

(402, 2)

(48, 2)

(369, 2)

(175, 1)

(40, 257)

(344, 3)

(41, 1259)

(40, 1138)

(40, 711)

(40, 796)

(40, 337)

(41, 101)

(187, 2)

(298, 3)

(101, 3)

(545, 2)

(41, 1059)

(141, 2)

(40, 1031)

(510, 1)

(40, 1025)

(40, 598)

(40, 171)

(40, 604)

(41, 246)

(41, 585)

(41, 1052)

(537, 2)

(439, 1)

(292, 1)

(40, 58)

(41, 332)

(95, 1)

(41, 730)

(40, 873)

(369, 4)

(304, 4)

(431, 3)

(107, 2)

(218, 3)

(367, 6)

(40, 884)

(40, 457)

(41, 477)

(41, 912)

(61, 2)

(185, 5)

(357, 1)

(534, 2)

(40, 1145)

(40, 718)

(40, 771)

(40, 344)

(41, 110)

(41, 545)

(212, 1)

(41, 1129)

(508, 2)

(40, 1032)

(40, 605)

(40, 146)

(41, 292)

(41, 255)

(41, 690)

(351, 3)

(462, 2)

(391, 2)

(67, 5)

(41, 929)

(40, 1161)

(289, 3)

(363, 4)

(474, 1)

(40, 1004)

(40, 33)

(41, 437)

(41, 776)

(41, 707)

(41, 1174)

(41, 761)

(428, 5)

(76, 4)

(40, 891)

(58, 6)

(41, 454)

(41, 921)

(172, 2)

(283, 1)

(468, 3)

(530, 2)

(382, 2)

(40, 693)

(40, 778)

(40, 351)

(41, 87)

(41, 554)

(209, 3)

(138, 1)

(505, 2)

(52, 4)

(40, 1039)

(40, 580)

(40, 153)

(41, 301)

(41, 224)

(41, 699)

(41, 1038)

(191, 4)

(40, 1075)

(40, 923)

(400, 1)

(92, 2)

(40, 979)

(40, 40)

(41, 446)

(41, 876)

(132, 3)

(41, 1183)

(46, 2)

(104, 5)

(231, 2)

(342, 3)

(41, 1274)

(40, 866)

(40, 439)

(41, 463)

(169, 2)

(465, 1)

(368, 2)

(86, 4)

(383, 3)

(40, 1127)

(40, 700)

(111, 4)

(40, 326)

(41, 88)

(41, 531)

(320, 1)

(49, 8)

(123, 1)

(234, 4)

(52, 3)

(40, 587)

(40, 128)

(41, 278)

(77, 5)

(41, 700)

(41, 1143)

(41, 578)

(41, 1045)

(89, 2)

(549, 1)

(129, 1)

(40, 47)

(41, 423)

(41, 890)

(41, 717)

(41, 1152)

(46, 5)

(41, 1179)

(240, 1)

(40, 446)

(41, 48)

(41, 907)

(280, 2)

(41, 771)

(407, 1)

(491, 4)

(379, 3)

(365, 6)

(40, 1134)

(40, 675)

(40, 248)

(40, 333)

(41, 65)

(41, 532)

(333, 3)

(262, 1)

(49, 1)

(40, 562)

(40, 135)

(41, 287)

(41, 210)

(41, 677)

(41, 1144)

(40, 804)

(e) further changing
the divide factor to 0.4

(41, 13)

(55, 5)

(40, 173)

(41, 289)

(41, 244)

(40, 22)

(43, 3)

(130, 1)

(154, 2)

(40, 49)

(40, 179)

(44, 4)

(41, 158)

(151, 2)

(40, 60)

(95, 3)

(119, 6)

(41, 57)

(135, 2)

(159, 1)

(40, 217)

(40, 302)

(41, 160)

(40, 66)

(41, 340)

(84, 2)

(40, 255)
(40, 308)

(41, 74)

(40, 104)

(96, 5)

(120, 2)

(153, 5)

(160, 3)

(121, 3)

(50, 1)

(74, 2)

(72, 2)

(40, 142)

(41, 256)

(41, 219)

(79, 4)

(102, 1)

(126, 2)

(41, 118)

(55, 2)

(40, 148)

(166, 3)

(45, 9)

(147, 4)

(40, 29)

(41, 101)

(91, 2)

(115, 1)

(40, 186)

(44, 3)

(41, 135)

(92, 5)

(40, 35)

(45, 2)

(69, 5)

(41, 333)

(41, 34)

(56, 6)

(80, 3)

(40, 192)

(40, 277)

(41, 169)

(41, 245)

(40, 73)

(41, 349)

(40, 264)

(58, 4)

(40, 269)
(40, 230)
(40, 315)

(41, 179)

(40, 111)

(131, 1)

(86, 3)

(121, 4)

(40, 321)

(41, 85)

(40, 117)

(41, 265)

(41, 220)

(51, 5)

(150, 5)

(66, 6)

(133, 1)

(40, 155)

(40, 244)

(41, 230)

(157, 4)

(40, 4)

(64, 1)

(41, 1)

(40, 161)

(41, 309)

(41, 136)

(42, 6)

(116, 1)

(40, 42)

(93, 1)

(117, 4)

(41, 43)

(81, 4)

(40, 199)

(40, 284)

(41, 146)

(47, 5)

(41, 326)

(41, 291)

(40, 237)
(40, 290)

(41, 180)

(146, 2)

(40, 86)

(87, 3)

(40, 243)

(41, 94)

(40, 124)

(41, 197)

(90, 2)

(123, 3)

(153, 4)

(76, 2)

(163, 2)

(40, 130)

(41, 276)

(77, 3)

(41, 236)

(41, 131)

(40, 11)

(112, 2)

(41, 10)

(65, 5)

(152, 3)

(40, 168)

(41, 318)

(41, 241)

(42, 1)

(66, 2)

(40, 17)

(41, 253)

(41, 199)

(138, 2)

(41, 44)

(154, 4)

(70, 4)

(94, 1)

(118, 2)

(47, 2)

(71, 1)

(95, 4)

(41, 54)

(40, 212)

(40, 297)

(41, 189)

(83, 2)

(107, 1)

(40, 93)

(41, 337)

(40, 262)

(140, 1)

(85, 3)

(61, 5)

(41, 71)

(48, 6)

(40, 99)

(41, 206)

(73, 2)

(50, 4)

(124, 3)

(40, 137)

(41, 285)

(41, 208)

(125, 2)

(41, 134)

(79, 3)

(78, 3)

(165, 1)

(133, 3)

(141, 4)

(40, 175)

(149, 5)

(41, 250)

(42, 8)

(41, 272)

(40, 24)

(114, 3)

(43, 5)

(41, 21)

(40, 181)

(44, 6)

(118, 5)

(40, 62)

(45, 7)

(41, 63)

(56, 1)

(159, 3)

(40, 219)
(40, 272)

(41, 166)

(151, 6)

(40, 68)

(41, 335)

(113, 2)

(41, 129)

(108, 1)

(41, 317)

(40, 225)

(85, 1)

(41, 72)

(40, 106)

(120, 4)

(104, 3)

(121, 1)

(41, 82)

(91, 4)

(158, 4)

(40, 112)

(41, 262)

(41, 217)

(41, 97)

(153, 1)

(144, 2)

(161, 2)

(41, 116)

(159, 4)

(40, 150)

(166, 1)

(41, 227)

(40, 31)

(143, 1)

(41, 30)

(115, 3)

(40, 188)

(41, 306)

(68, 2)

(155, 2)

(40, 37)

(153, 2)

(41, 238)

(69, 3)

(93, 6)

(41, 32)

(41, 297)

(40, 194)

(40, 279)

(41, 175)

(57, 5)

(40, 75)

(105, 3)

(58, 2)

(145, 2)

(40, 232)
(40, 317)

(40, 207)

(41, 277)

(40, 81)

(40, 253)

(86, 1)

(110, 2)

(63, 1)

(150, 3)

(41, 154)

(40, 323)

(41, 91)

(40, 119)

(41, 271)

(41, 194)

(75, 2)

(99, 1)

(41, 125)

(40, 157)

(53, 5)

(127, 2)

(40, 6)

(64, 3)

(79, 1)

(104, 2)

(65, 2)

(41, 298)

(40, 163)

(41, 315)

(41, 142)

(42, 4)

(116, 3)

(40, 44)

(43, 9)

(117, 2)

(41, 41)

(46, 6)

(70, 3)

(40, 286)

(41, 144)

(41, 156)

(40, 50)

(41, 324)

(41, 51)

(106, 3)

(144, 3)

(40, 239)
(40, 292)(40, 310)

(160, 1)

(41, 168)

(40, 88)

(41, 269)

(40, 245)

(41, 92)

(48, 1)

(40, 126)

(41, 203)

(40, 309)

(59, 6)

(87, 4)

(41, 110)

(100, 1)

(41, 24)

(40, 132)

(41, 282)

(77, 1)

(153, 3)

(40, 13)

(112, 4)

(41, 8)

(152, 5)

(40, 170)

(41, 316)

(41, 247)

(40, 19)

(145, 4)

(40, 271)

(130, 2)

(41, 18)

(46, 9)

(40, 176)

(40, 261)

(41, 153)

(41, 177)

(40, 57)

(71, 3)

(158, 1)

(119, 5)

(41, 52)

(135, 1)

(157, 2)

(40, 214)

(40, 299)

(41, 163)

(83, 4)

(107, 3)

(40, 95)

(41, 343)

(60, 2)

(147, 2)

(108, 4)

(61, 3)

(40, 305)

(41, 69)

(41, 279)

(40, 101)

(96, 2)

(41, 204)

(41, 301)

(142, 4)

(49, 5)

(136, 3)

(97, 3)

(50, 2)

(137, 2)

(40, 139)

(41, 259)

(41, 214)

(54, 4)

(78, 1)

(102, 2)

(41, 113)

(40, 54)

(40, 145)

(41, 293)

(41, 248)

(40, 26)

(114, 1)

(43, 7)

(67, 2)

(91, 1)
(40, 183)

(40, 268)

(68, 5)

(40, 32)

(45, 5)

(119, 2)

(41, 61)

(56, 3)

(40, 221)
(40, 274)

(41, 164)

(57, 2)

(40, 70)

(41, 344)

(108, 3)

(136, 2)

(144, 1)

(40, 227)
(40, 312)

(109, 2)

(122, 1)

(40, 108)

(62, 3)

(149, 1)

(41, 313)

(41, 80)

(98, 3)

(40, 114)

(41, 260)

(41, 223)

(41, 190)

(41, 104)

(41, 122)

(40, 152)

(41, 302)

(41, 225)

(40, 1)

(143, 3)

(41, 187)

(41, 28)

(40, 190)

(41, 304)

(41, 139)

(92, 1)

(41, 328)

(40, 39)

(69, 1)

(93, 4)

(41, 38)

(41, 323)

(151, 4)

(40, 196)

(40, 281)

(41, 173)

(40, 77)

(105, 1)

(81, 2)

(41, 47)

(40, 234)
(40, 319)

(41, 183)

(40, 83)

(63, 3)

(150, 1)

(40, 240)
(40, 325)

(40, 203)

(134, 3)

(40, 121)

(61, 6)

(41, 192)

(40, 256)

(99, 3)

(89, 3)

(52, 2)

(139, 2)

(163, 1)

(40, 159)

(53, 3)

(41, 234)

(40, 8)

(64, 5)

(88, 2)

(41, 5)

(128, 3)

(47, 1)

(40, 165)

(41, 299)

(41, 140)

(42, 2)

(129, 2)

(40, 46)

(156, 1)

(142, 2)

(40, 222)

(46, 4)

(70, 1)

(94, 2)

(41, 150)

(40, 52)

(71, 4)

(41, 49)

(106, 1)(40, 209)

(40, 294)

(59, 2)

(83, 1)

(40, 90)

(60, 5)

(128, 1)

(111, 2)

(41, 66)

(122, 3)

(48, 3)(40, 96)

(41, 201)

(49, 2)

(71, 5)

(41, 303)

(100, 3)

(40, 134)

(41, 280)

(41, 211)

(101, 2)

(41, 184)

(40, 15)

(44, 9)

(54, 3)

(141, 1)

(165, 4)

(41, 14)

(41, 20)

(40, 172)

(41, 290)

(41, 157)

(40, 21)

(41, 16)

(40, 178)

(40, 263)

(118, 6)

(114, 2)

(40, 59)

(44, 7)

(52, 6)

(41, 58)

(135, 3)

(40, 216)

(40, 301)

(41, 161)

(41, 77)

(40, 65)

(41, 341)

(41, 127)

(84, 1)

(61, 1)

(40, 307)

(41, 75)

(40, 103)

(96, 4)

(120, 1)

(97, 1)

(149, 2)

(40, 201)

(161, 3)

(40, 141)

(40, 247)

(41, 212)

(157, 1)

(41, 119)

(55, 3)

(40, 147)

(166, 2)

(41, 254)

(40, 28)

(163, 3)

(67, 4)

(91, 3)

(40, 185)

(44, 2)

(131, 2)

(92, 4)

(40, 34)

(45, 3)

(69, 6)

(41, 25)

(41, 35)

(56, 5)

(80, 2)

(40, 223)
(40, 276)

(41, 170)

(40, 72)

(41, 350)

(40, 229)
(40, 314)

(41, 76)

(40, 110)

(62, 1)

(86, 2)

(90, 1)

(63, 4)

(121, 5)

(40, 320)

(41, 86)

(98, 1)

(40, 116)

(41, 266)

(41, 221)

(51, 2)

(75, 1)

(162, 3)

(52, 5)

(126, 4)

(41, 120)

(40, 154)

(103, 2)

(127, 1)

(41, 186)

(40, 3)

(41, 100)

(41, 2)

(154, 3)

(40, 160)

(41, 310)

(41, 137)

(92, 3)

(40, 41)

(93, 2)

(117, 5)

(41, 36)

(46, 3)

(40, 198)

(40, 283)

(41, 147)

(40, 79)

(41, 327)

(41, 128)

(40, 265)

(82, 3)

(148, 3)

(40, 236)
(40, 289)

(164, 1)

(41, 79)

(40, 85)

(40, 242)

(41, 95)

(41, 321)

(40, 123)

(41, 198)

(50, 6)

(76, 1)

(95, 2)

(103, 3)

(40, 129)

(53, 1)

(41, 232)

(157, 3)

(40, 10)

(112, 1)

(41, 181)

(41, 159)

(41, 11)

(65, 6)

(89, 1)
(40, 167)

(41, 319)

(41, 242)

(66, 5)

(40, 16)

(41, 45)

(40, 48)

(40, 205)
(40, 258)

(41, 148)

(151, 3)

(41, 99)

(47, 3)

(134, 1)

(95, 5)

(41, 55)

(40, 211)

(40, 296)

(59, 4)

(83, 3)

(40, 92)

(41, 338)

(147, 1)

(41, 89)

(40, 249)

(41, 64)

(48, 5)

(40, 98)

(41, 207)

(41, 23)

(153, 6)

(41, 273)

(73, 3)

(41, 228)

(41, 106)

(124, 2)

(41, 295)

(40, 136)

(41, 286)

(41, 209)

(164, 3)

(125, 3)

(54, 1)

(78, 2)

(165, 2)

(41, 12)

(55, 4)

(40, 174)

(41, 288)

(41, 251)

(41, 294)

(40, 23)

(92, 2)

(163, 4)

(43, 2)

(67, 1)

(41, 22)

(40, 180)

(44, 5)

(118, 4)

(40, 61)

(45, 8)

(119, 1)

(41, 56)

(40, 218)

(40, 303)

(41, 167)

(40, 67)

(41, 347)

(94, 5)

(84, 3)

(140, 2)

(148, 1)

(40, 252)(40, 224)

(85, 2)

(41, 73)

(40, 105)

(96, 6)

(120, 3)

(41, 342)

(44, 8)

(160, 4)

(121, 2)

(41, 83)

(74, 3)

(161, 1)

(40, 143)

(41, 263)

(41, 218)

(79, 2)

(150, 4)

(126, 3)

(133, 2)

(141, 3)

(40, 149)

(149, 4)

(41, 252)

(40, 30)

(164, 2)

(62, 4)

(67, 6)

(41, 31)

(40, 187)

(41, 307)

(68, 1)

(155, 3)

(40, 36)

(41, 332)

(45, 1)

(69, 4)

(41, 33)

(40, 193)

(40, 278)

(109, 3)

(151, 1)

(57, 6)

(81, 1)

(41, 348)

(113, 1)

(41, 346)

(58, 5)

(149, 3)

(40, 231)
(40, 316)

(41, 178)

(40, 80)

(41, 102)

(63, 6)

(150, 2)

(40, 322)

(41, 84)

(41, 29)

(40, 118)

(41, 264)

(41, 195)

(51, 4)

(75, 3)

(162, 1)

(139, 1)

(41, 126)

(41, 7)

(40, 156)

(53, 6)

(127, 3)

(40, 5)

(64, 2)

(65, 3)

(40, 162)

(41, 308)

(41, 143)

(42, 7)

(116, 2)

(40, 43)

(41, 96)

(156, 3)

(117, 3)

(41, 42)

(46, 1)

(70, 2)

(40, 285)

(41, 145)

(47, 4)

(41, 325)

(82, 1)

(106, 2)

(40, 238)
(40, 291)

(59, 1)

(146, 3)

(40, 87)

(40, 254)

(132, 1)

(132, 2)

(87, 2)

(111, 1)

(41, 93)

(40, 125)

(41, 237)

(41, 196)

(41, 117)

(123, 2)

(41, 39)

(76, 3)

(41, 103)

(40, 131)

(41, 283)

(77, 2)

(40, 12)

(41, 239)

(112, 3)

(150, 6)

(41, 9)

(65, 4)

(152, 4)

(40, 169)

(149, 6)

(41, 240)

(41, 336)

(66, 3)

(40, 18)

(41, 19)

(46, 8)

(70, 5)

(40, 260) (118, 3)

(40, 56)

(41, 334)

(41, 53)

(144, 4)

(40, 213)

(40, 298)

(41, 188)

(160, 2)

(40, 94)

(164, 4)

(113, 3)

(60, 1)

(147, 3)

(68, 6)

(61, 4)

(40, 304)

(41, 70)

(40, 100)

(96, 1)

(41, 205)

(49, 6)

(73, 1)

(41, 109)

(50, 5)

(137, 3)

(40, 138)

(41, 284)

(41, 215)

(125, 1)

(41, 114)

(55, 6)

(40, 144)

(41, 257)

(41, 249)

(42, 9)

(71, 6)

(40, 25)

(43, 4)

(67, 3)

(154, 1)

(40, 318)

(40, 182)

(40, 267)

(68, 4)

(40, 63)

(92, 6)

(45, 6)

(119, 3)

(41, 62)

(56, 2)

(159, 2)

(40, 220)
(40, 273)

(41, 165)

(57, 3)

(40, 69)

(41, 345)

(108, 2)

(40, 226)
(40, 311)

(40, 206)

(41, 278)

(40, 107)

(62, 2)

(120, 5)

(40, 259)

(41, 155)

(41, 81)

(74, 1)

(98, 2)

(40, 113)

(41, 261)

(41, 216)

(51, 1)

(138, 3)

(162, 4)

(126, 1)

(41, 123)

(40, 55)

(40, 151)

(103, 1)

(41, 226)

(148, 4)

(142, 1)

(104, 1)

(115, 2)

(41, 235)

(40, 189)

(41, 305)

(68, 3)

(40, 38)

(69, 2)

(93, 5)

(40, 251)

(40, 195)

(40, 280)

(41, 174)

(57, 4)

(40, 76)

(105, 2)

(156, 2)

(41, 132)

(58, 3)

(145, 1)

(40, 74)

(40, 233)

(152, 1)

(41, 176)

(151, 5)

(40, 82)

(62, 5)

(110, 3)

(40, 324)

(41, 90)

(40, 120)

(41, 270)

(41, 193)

(51, 6)

(131, 4)

(41, 111)

(52, 1)

(139, 3)

(41, 124)

(129, 1)

(40, 158)

(53, 4)

(145, 3)

(152, 2)

(40, 7)

(64, 4)

(88, 1)

(41, 296)

(41, 6)

(65, 1)

(134, 2)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(129, 3)

(40, 45)

(40, 270)

(43, 8)

(117, 1)

(41, 40)

(41, 108)

(46, 7)

(40, 202)

(40, 287)

(41, 151)

(40, 51)

(155, 1)

(95, 6)

(70, 6)

(41, 50)

(40, 208)

(40, 293)

(59, 3)

(146, 1)
(158, 2)

(40, 89)

(60, 4)

(41, 330)

(155, 4)

(40, 246)

(41, 67)

(48, 2)

(40, 127)

(40, 250)

(41, 202)

(40, 257)

(49, 3)

(100, 2)

(40, 133)

(41, 281)

(140, 3)

(101, 3)

(40, 14)

(54, 2)

(141, 2)

(41, 15)

(152, 6)

(40, 171)

(55, 1)

(41, 246)

(72, 3)

(66, 1)

(40, 20)

(142, 3)

(43, 1)

(130, 3)

(41, 17)

(40, 177)

(94, 4)

(118, 1)

(40, 58)

(71, 2)

(95, 1)

(119, 4)

(41, 59)

(40, 215)

(40, 300)

(41, 162)

(107, 2)

(40, 64)

(54, 6)

(60, 3)

(128, 2)

(41, 322)

(136, 1)

(81, 3)

(61, 2)

(40, 306)

(41, 68)

(40, 102)

(96, 3)

(49, 4)

(136, 4)

(97, 2)

(50, 3)

(137, 1)

(40, 140)

(41, 258)

(41, 213)

(41, 130)

(41, 191)

(54, 5)

(41, 105)

(102, 3)

(41, 112)

(41, 27)

(40, 146)

(41, 292)

(41, 255)

(40, 27)

(43, 6)

(67, 5)

(41, 26)

(40, 184)

(44, 1)

(131, 3)

(40, 33)

(45, 4)

(69, 7)

(41, 60)

(56, 4)

(80, 1)

(40, 275)

(41, 171)

(41, 331)

(57, 1)

(40, 71)

(41, 351)

(58, 6)

(40, 228)
(40, 313)

(109, 1)

(40, 109)

(63, 5)

(121, 6)

(41, 352)

(158, 3)

(41, 87)

(41, 274)

(40, 115)

(41, 267)

(41, 222)

(51, 3)

(138, 1)

(162, 2)

(52, 4)

(41, 121)

(40, 153)

(166, 4)

(41, 224)

(41, 115)

(40, 2)

(143, 2)

(41, 3)

(47, 6)

(40, 191)

(41, 311)

(41, 138)

(40, 97)

(40, 40)

(41, 275)

(132, 3)

(93, 3)

(117, 6)

(41, 37)

(41, 152)

(46, 2)

(40, 197)

(40, 282)

(41, 172)

(40, 78)

(41, 320)

(58, 1)

(82, 2)

(111, 3)

(40, 235)
(40, 288)

(41, 182)

(40, 84)

(86, 4)

(110, 1)

(161, 4)

(63, 2)

(87, 1)

(40, 241)

(40, 326)

(41, 88)

(122, 2)

(40, 122)

(41, 268)

(148, 2)

(99, 2)

(123, 1)

(52, 3)

(41, 98)

(90, 3)

(40, 128)

(53, 2)

(41, 233)

(41, 185)

(40, 9)

(64, 6)

(88, 3)

(41, 107)

(94, 6)

(41, 229)

(41, 4)

(89, 2)

(40, 166)

(41, 312)

(41, 243)

(42, 3)

(66, 4)

(40, 47)

(41, 133)

(41, 46)

(46, 5)

(40, 204)
(94, 3)

(41, 149)

(41, 287)

(40, 53)

(41, 329)

(40, 266)

(41, 48)

(40, 210)

(40, 295)

(59, 5)

(41, 78)

(40, 91)

(41, 339)

(60, 6)

(40, 248)

(41, 65)

(48, 4)

(72, 1)

(41, 200)

(62, 6)

(49, 1)

(40, 200)

(124, 1)

(41, 300)

(40, 135)

(120, 6)

(41, 210)

(101, 1)

(41, 231)

(165, 3)

(f) Going back to put
divider VP onto its own
core (Solution 2)

(41, 13)

(55, 5)

(40, 173)

(41, 289)

(41, 244)

(40, 22)

(43, 3)

(130, 1)

(41, 23)

(40, 49)

(40, 179)

(44, 4)

(41, 158)

(151, 2)

(40, 60)

(95, 3)

(119, 6)

(41, 57)

(135, 2)

(159, 1)

(40, 217)

(40, 302)

(41, 160)

(152, 4)

(40, 66)

(41, 340)

(84, 2)

(40, 255)
(40, 308)

(41, 74)

(40, 104)

(96, 5)

(120, 2)

(160, 3)

(121, 3)

(50, 1)

(74, 2)
(72, 2)(40, 142)

(41, 256)

(41, 219)

(102, 1)

(126, 2)

(41, 118)

(55, 2)

(40, 148)

(166, 3)

(45, 9)

(147, 4)

(40, 29)

(41, 101)

(91, 2)

(115, 1)

(40, 186)

(44, 3)

(41, 135)

(40, 35)

(45, 2)

(69, 5)

(41, 333)

(41, 34)

(56, 6)

(80, 3)

(40, 192)

(40, 277)

(41, 169)

(41, 245)

(40, 73)

(41, 349)

(40, 264)

(58, 4)

(40, 269)
(40, 230)
(40, 315)

(41, 179)

(40, 111)

(131, 1)

(86, 3)

(121, 4)

(40, 321)

(41, 85)

(40, 117)

(41, 265)

(41, 220)

(51, 5)

(52, 6)

(66, 6)

(133, 1)

(141, 2)

(40, 155)

(40, 244)

(41, 230)

(157, 4)

(40, 4)

(64, 1)

(41, 1)

(40, 161)

(41, 309)

(41, 136)

(42, 6)

(116, 1)

(40, 42)

(93, 1)

(117, 4)

(41, 43)

(81, 4)

(40, 199)

(40, 284)

(41, 146)

(160, 5)

(47, 5)

(41, 326)

(41, 107)

(41, 291)

(40, 237)
(40, 290)

(41, 180)

(146, 2)

(40, 86)

(87, 3)

(40, 243)

(41, 94)

(40, 124)

(41, 197)

(90, 2)

(123, 3)

(153, 4)

(76, 2)

(41, 96)

(40, 130)

(41, 276)

(77, 3)

(41, 131)

(40, 11)

(112, 2)

(41, 10)

(65, 5)

(152, 3)

(40, 168)

(41, 318)

(41, 241)

(42, 1)

(66, 2)

(40, 17)

(41, 253)

(41, 199)

(138, 2)

(41, 44)

(154, 4)

(70, 4)

(94, 1)

(118, 2)

(47, 2)

(71, 1)

(95, 4)

(41, 54)

(40, 212)

(40, 297)

(41, 189)

(83, 2)

(107, 1)

(40, 93)

(41, 337)

(40, 262)

(140, 1)

(85, 3)

(61, 5)

(41, 71)

(48, 6)

(72, 3)

(41, 206)

(73, 2)

(50, 4)

(124, 3)

(40, 137)

(41, 285)

(41, 208)

(125, 2)

(41, 134)

(79, 3)

(78, 3)

(165, 1)

(133, 3)

(41, 296)

(40, 175)

(41, 295)

(41, 250)

(42, 8)

(41, 272)

(40, 24)

(114, 3)

(43, 5)

(41, 21)

(40, 181)

(44, 6)

(118, 5)

(40, 62)

(45, 7)

(41, 63)

(56, 1)

(159, 3)

(40, 219)
(40, 272)

(41, 166)

(40, 68)

(41, 335)

(113, 2)

(41, 129)

(108, 1)

(41, 317)

(40, 225)

(85, 1)

(41, 72)

(40, 106)

(120, 4)

(41, 162)

(104, 3)

(121, 1)

(41, 82)

(158, 4)

(40, 112)

(81, 2)

(41, 217)

(41, 97)

(153, 1)

(144, 2)

(161, 2)

(41, 116)

(159, 4)

(40, 150)

(166, 1)

(41, 227)

(40, 31)

(143, 1)

(41, 30)

(115, 3)

(40, 188)

(41, 306)

(68, 2)

(155, 2)

(147, 5)

(40, 37)

(153, 2)

(41, 238)

(69, 3)

(93, 6)

(41, 32)

(40, 194)

(40, 279)

(41, 175)

(57, 5)

(40, 75)

(105, 3)

(58, 2)

(145, 2)

(40, 232)
(40, 317)

(40, 207)

(41, 277)

(40, 81)

(62, 4)

(86, 1)

(44, 8)

(63, 1)

(150, 3)

(41, 154)

(40, 323)

(41, 91)

(40, 119)

(41, 67)

(41, 194)

(51, 7)

(75, 2)

(99, 1)

(41, 125)

(40, 157)

(53, 5)

(127, 2)

(40, 6)

(64, 3)

(79, 1)

(41, 7)

(65, 2)

(41, 298)

(40, 163)

(41, 315)

(41, 142)

(42, 4)

(116, 3)

(40, 44)

(43, 9)

(117, 2)

(41, 41)

(46, 6)

(70, 3)

(40, 286)

(41, 144)

(41, 156)

(40, 50)

(41, 324)

(41, 51)

(106, 3)

(144, 3)

(40, 239)
(40, 292)(40, 310)

(160, 1)

(40, 88)

(41, 269)

(40, 245)

(41, 92)

(48, 1)

(40, 126)

(118, 6)

(41, 203)

(41, 188)

(41, 110)

(100, 1)

(41, 24)

(40, 132)

(41, 282)

(77, 1)

(101, 4)

(153, 3)

(40, 13)

(141, 3)

(41, 8)

(40, 170)

(41, 316)

(41, 247)

(40, 19)

(145, 4)

(40, 271)

(130, 2)

(41, 18)

(46, 9)

(40, 176)

(40, 261)

(41, 153)

(41, 177)

(40, 57)

(71, 3)

(158, 1)

(119, 5)

(41, 52)

(135, 1)

(157, 2)

(40, 214)

(40, 299)

(41, 163)
(107, 3)

(40, 95)

(41, 343)

(60, 2)

(147, 2)

(61, 3)

(40, 305)

(41, 69)

(41, 279)

(40, 101)

(96, 2)

(41, 204)

(142, 4)

(49, 5)

(136, 3)

(97, 3)

(50, 2)

(137, 2)

(120, 6)

(40, 139)

(41, 259)

(41, 214)

(54, 4)

(78, 1)

(102, 2)

(41, 113)

(40, 54)

(40, 145)

(41, 293)

(41, 248)

(72, 4)

(40, 26)

(114, 1)

(43, 7)

(67, 2)

(91, 1)
(40, 183)

(40, 268)

(68, 5)

(40, 32)

(45, 5)

(119, 2)

(41, 61)

(56, 3)

(40, 221)
(40, 274)

(41, 164)

(57, 2)

(40, 70)

(41, 344)

(108, 3)

(136, 2)

(144, 1)

(40, 227)
(40, 312)

(109, 2)

(122, 1)

(40, 108)

(62, 3)

(149, 1)

(41, 271)

(97, 4)

(41, 313)

(41, 80)

(98, 3)

(40, 114)

(41, 260)

(41, 223)

(41, 190)

(41, 104)

(41, 122)

(40, 152)

(41, 302)

(41, 225)

(40, 1)

(143, 3)

(41, 187)

(41, 28)

(40, 190)

(41, 304)

(41, 139)

(92, 1)

(41, 328)

(40, 39)

(69, 1)

(93, 4)

(41, 38)

(41, 323)

(40, 196)

(40, 281)

(41, 173)

(40, 77)

(105, 1)

(104, 2)

(41, 47)

(40, 234)
(40, 319)

(41, 183)

(40, 83)

(63, 3)

(150, 1)

(40, 240)
(40, 325)

(40, 203)

(134, 3)

(40, 121)

(61, 6)

(41, 192)

(40, 256)

(75, 4)

(99, 3)

(41, 294)

(89, 3)

(52, 2)

(139, 2)

(163, 1)

(40, 159)

(53, 3)

(41, 234)

(40, 8)

(64, 5)

(88, 2)

(41, 5)

(128, 3)

(47, 1)

(40, 165)

(41, 299)

(41, 140)

(42, 2)

(129, 2)

(40, 46)

(156, 1)(142, 2)

(40, 222)

(46, 4)

(70, 1)

(94, 2)

(41, 150)

(40, 52)

(71, 4)

(41, 49)

(106, 1)

(40, 209)

(40, 294)

(59, 2)

(83, 1)

(40, 90)

(60, 5)

(128, 1)

(40, 247)

(41, 66)

(122, 3)

(48, 3)

(40, 96)

(41, 201)

(49, 2)

(40, 253)

(41, 100)

(40, 134)

(41, 280)

(41, 211)

(164, 1)

(41, 184)

(40, 15)

(44, 9)

(54, 3)

(141, 1)

(165, 4)

(41, 14)

(41, 20)

(40, 172)

(41, 290)

(41, 157)

(40, 21)

(41, 16)

(40, 178)

(40, 263)

(41, 159)

(114, 2)

(40, 59)

(44, 7)

(41, 58)

(135, 3)

(159, 6)

(40, 216)

(40, 301)

(41, 161)

(41, 77)

(40, 65)

(41, 341)

(41, 127)

(84, 1)

(61, 1)

(40, 307)

(41, 75)

(85, 2)

(40, 103)

(96, 4)

(120, 1)

(97, 1)

(149, 2)

(40, 201)

(161, 3)

(40, 141)

(111, 2)

(41, 212)

(157, 1)

(41, 119)

(55, 3)

(40, 147)

(166, 2)

(41, 254)

(40, 28)

(163, 3)

(67, 4)

(41, 25)

(40, 185)

(44, 2)

(41, 128)

(155, 1)

(40, 34)

(45, 3)

(69, 6)

(41, 35)

(56, 5)

(80, 2)

(40, 223)
(40, 276)

(41, 170)

(40, 72)

(41, 350)

(154, 2)

(40, 229)
(40, 314)

(41, 76)

(40, 110)

(62, 1)

(86, 2)

(41, 79)

(90, 1)

(63, 4)

(121, 5)

(40, 320)

(41, 86)

(98, 1)

(40, 116)

(41, 266)

(41, 221)

(51, 2)

(75, 1)

(162, 3)

(52, 5)

(126, 4)

(41, 120)

(40, 154)

(103, 2)

(127, 1)

(41, 186)

(40, 3)

(100, 3)

(41, 2)

(154, 3)

(144, 4)

(40, 160)

(41, 310)

(41, 137)
(92, 3)

(40, 41)

(93, 2)

(117, 5)

(41, 36)

(46, 3)

(40, 198)

(40, 283)

(41, 147)

(40, 79)

(41, 327)

(131, 2)

(40, 265)

(82, 3)

(148, 3)

(40, 236)
(40, 289)

(101, 2)

(146, 5)

(109, 3)

(40, 85)

(143, 4)

(40, 242)

(41, 95)

(41, 321)

(40, 123)

(41, 198)

(76, 1)

(95, 2)

(41, 301)

(40, 129)

(53, 1)

(41, 232)

(157, 3)

(40, 10)

(112, 1)

(41, 181)

(41, 11)

(65, 6)

(89, 1)(40, 167)

(41, 319)

(41, 242)

(66, 5)

(40, 16)

(41, 262)

(41, 45)

(40, 48)

(40, 205)

(40, 258)

(41, 148)

(151, 3)

(41, 99)

(47, 3)

(134, 1)

(95, 5)

(41, 55)

(135, 4)

(40, 211)

(40, 296)

(59, 4)

(83, 3)

(40, 92)

(41, 338)

(147, 1)

(40, 249)

(41, 64)

(48, 5)

(40, 98)

(41, 207)

(90, 3)

(41, 273)

(73, 3)

(94, 7)

(41, 228)

(41, 106)

(124, 2)

(40, 136)

(41, 286)

(41, 209)

(164, 3)

(125, 3)

(54, 1)

(78, 2)

(165, 2)

(41, 12)

(55, 4)

(40, 174)

(41, 288)

(41, 251)

(147, 6)

(40, 23)

(92, 2)

(41, 102)

(43, 2)

(67, 1)

(41, 22)

(40, 180)

(44, 5)

(118, 4)

(40, 61)

(45, 8)

(119, 1)

(41, 56)

(40, 218)

(40, 303)

(41, 167)

(40, 67)

(41, 347)

(94, 5)

(84, 3)

(140, 2)

(40, 309)
(40, 252)(40, 224)

(148, 1)

(41, 73)

(40, 105)

(96, 6)

(120, 3)

(41, 342)

(73, 4)

(160, 4)

(121, 2)

(41, 83)

(74, 3)

(161, 1)

(40, 143)

(41, 263)

(41, 218)

(79, 2)

(150, 4)

(126, 3)

(133, 2)

(41, 303)

(40, 149)

(149, 4)

(41, 252)

(119, 7)

(40, 30)

(164, 2)

(67, 6)

(41, 31)

(40, 187)

(41, 307)

(68, 1)

(155, 3)

(40, 36)

(41, 332)

(45, 1)

(69, 4)

(41, 33)

(40, 193)

(40, 278)

(41, 168)

(151, 1)

(57, 6)

(81, 1)

(41, 348)

(113, 1)

(41, 346)

(58, 5)

(149, 3)

(40, 231)
(40, 316)

(41, 178)

(40, 80)

(79, 4)

(63, 6)

(150, 2)

(40, 322)

(41, 84)

(41, 29)

(40, 118)

(41, 264)

(41, 195)

(51, 4)

(75, 3)

(162, 1)

(139, 1)

(41, 126)

(40, 156)

(53, 6)

(127, 3)

(40, 5)

(64, 2)
(65, 3)

(40, 162)

(41, 308)

(41, 143)

(42, 7)

(116, 2)

(40, 43)

(163, 2)

(156, 3)

(117, 3)

(41, 42)

(46, 1)

(70, 2)

(40, 285)

(41, 145)

(47, 4)

(41, 325)

(82, 1)

(106, 2)

(40, 238)
(40, 291)

(59, 1)

(146, 3)

(40, 87)

(40, 254)

(132, 1)

(132, 2)

(85, 4)

(87, 2)

(111, 1)

(41, 93)

(148, 6)

(40, 125)

(41, 237)

(41, 196)

(41, 117)

(123, 2)

(41, 39)

(76, 3)

(41, 103)

(40, 131)

(41, 283)

(77, 2)

(40, 12)

(41, 239)

(112, 3)

(41, 9)

(65, 4)

(41, 297)

(40, 169)

(111, 4)

(41, 240)

(41, 336)

(66, 3)

(40, 18)

(41, 19)

(46, 8)

(70, 5)

(40, 260) (118, 3)

(40, 56)

(41, 334)

(41, 53)

(159, 5)

(40, 213)

(40, 298)

(59, 6)

(160, 2)

(40, 94)

(164, 4)

(113, 3)

(60, 1)

(147, 3)

(91, 3)

(61, 4)

(40, 304)

(41, 70)

(110, 2)

(40, 100)

(96, 1)

(41, 205)

(49, 6)

(73, 1)

(41, 109)

(50, 5)

(137, 3)

(40, 138)

(41, 284)

(41, 215)

(125, 1)

(41, 114)

(55, 6)

(40, 144)

(41, 257)

(41, 249)

(42, 9)

(71, 6)

(40, 25)

(43, 4)

(67, 3)

(154, 1)

(40, 318)

(40, 182)

(40, 267)

(68, 4)

(40, 63)

(45, 6)

(119, 3)

(41, 62)

(56, 2)

(159, 2)

(40, 220)
(40, 273)

(41, 165)

(57, 3)

(40, 69)

(41, 345)

(108, 2)

(40, 226)
(40, 311)

(40, 206)

(41, 278)

(40, 107)

(62, 2)

(120, 5)

(40, 259)

(97, 5)

(41, 155)

(41, 81)

(74, 1)

(98, 2)

(40, 113)

(41, 261)

(41, 216)

(51, 1)

(138, 3)

(126, 1)

(41, 123)

(40, 55)

(40, 151)

(103, 1)

(41, 226)

(148, 4)

(142, 1)

(104, 1)

(115, 2)

(41, 235)

(40, 189)

(41, 305)

(68, 3)

(40, 38)

(69, 2)

(93, 5)

(40, 251)

(40, 195)

(40, 280)

(41, 174)

(57, 4)

(40, 76)

(105, 2)

(156, 2)

(41, 132)

(58, 3)

(145, 1)

(40, 74)

(40, 233)

(152, 1)

(41, 176)

(146, 6)

(40, 82)

(62, 5)

(110, 3)

(40, 324)

(41, 90)

(40, 120)

(41, 270)

(41, 193)

(51, 6)

(131, 4)

(41, 111)

(52, 1)

(139, 3)

(41, 124)

(129, 1)

(40, 158)

(53, 4)

(145, 3)

(152, 2)

(40, 7)

(64, 4)

(88, 1)

(41, 6)

(65, 1)

(134, 2)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(41, 89)

(40, 45)

(40, 270)

(43, 8)

(117, 1)

(41, 40)

(41, 108)

(46, 7)

(40, 202)

(40, 287)

(41, 151)

(40, 51)

(71, 5)

(95, 6)

(41, 50)

(40, 208)

(40, 293)

(59, 3)

(146, 1)

(158, 2)

(40, 89)

(163, 4)

(60, 4)

(41, 330)

(155, 4)

(40, 246)

(70, 6)

(48, 2)

(40, 127)

(40, 250)

(41, 202)

(40, 257)

(49, 3)

(100, 2)

(40, 133)

(41, 281)

(41, 236)

(101, 3)

(40, 14)

(54, 2)

(97, 6)

(41, 15)

(160, 6)

(40, 171)

(55, 1)

(41, 246)

(40, 99)

(66, 1)

(40, 20)

(142, 3)

(43, 1)

(130, 3)

(41, 17)

(40, 177)
(94, 4)

(118, 1)

(40, 58)

(71, 2)

(95, 1)

(119, 4)

(41, 59)

(40, 215)

(40, 300)

(148, 5)

(107, 2)

(40, 64)

(54, 6)

(60, 3)

(128, 2)

(41, 322)

(136, 1)

(81, 3)

(61, 2)

(40, 306)

(41, 68)

(40, 102)

(96, 3)

(49, 4)

(136, 4)

(97, 2)

(50, 3)

(137, 1)

(40, 140)

(41, 258)

(41, 213)

(41, 130)

(41, 191)

(54, 5)

(41, 105)

(102, 3)

(41, 112)

(41, 27)

(129, 3)

(40, 146)

(41, 292)

(41, 255)

(40, 27)

(43, 6)

(67, 5)

(41, 26)

(40, 184)

(44, 1)

(68, 6)

(40, 33)

(45, 4)

(69, 7)

(41, 60)

(56, 4)

(80, 1)

(40, 275)

(41, 171)

(41, 331)

(57, 1)

(40, 71)

(41, 351)

(74, 4)

(58, 6)

(40, 228)
(40, 313)

(109, 1)

(40, 109)

(63, 5)

(121, 6)

(41, 352)

(158, 3)

(41, 87)

(41, 274)

(40, 115)

(41, 267)

(41, 222)

(51, 3)

(138, 1)

(162, 2)

(52, 4)

(41, 121)

(40, 153)

(103, 3)

(41, 224)

(41, 115)

(40, 2)

(143, 2)

(131, 3)

(41, 3)

(47, 6)

(40, 191)

(41, 311)

(41, 138)

(40, 97)

(40, 40)

(41, 275)

(132, 3)

(93, 3)

(117, 6)

(41, 37)

(41, 152)

(46, 2)

(40, 197)

(40, 282)

(41, 172)

(140, 3)

(40, 78)

(41, 320)

(58, 1)

(82, 2)

(40, 235)
(40, 288)

(41, 182)

(146, 4)

(40, 84)

(110, 1)

(63, 2)

(87, 1)

(40, 241)

(40, 326)

(41, 88)

(122, 2)

(40, 122)

(41, 268)

(148, 2)

(99, 2)

(123, 1)

(52, 3)

(41, 98)

(40, 128)

(53, 2)

(41, 233)

(41, 185)

(40, 9)

(64, 6)

(88, 3)

(50, 6)

(94, 6)

(41, 229)

(41, 4)

(89, 2)

(40, 166)

(41, 312)

(41, 243)

(42, 3)

(66, 4)

(40, 47)

(41, 133)

(41, 46)

(46, 5)

(40, 204)

(94, 3)

(41, 149)

(41, 287)

(40, 53)

(41, 329)

(40, 266)

(41, 48)

(40, 210)

(40, 295)

(59, 5)

(41, 78)

(40, 91)

(41, 339)

(60, 6)

(141, 4)

(40, 248)

(41, 65)

(48, 4)

(72, 1)

(41, 200)

(62, 6)

(49, 1)

(40, 200)

(124, 1)

(41, 300)

(40, 135)

(111, 3)

(41, 210)

(101, 1)

(41, 231)

(104, 4)

(165, 3)

(g) plus moving the re-
ceive VP to same core
as divider VP

(200, 2)

(327, 1)

(40, 961)

(40, 22)

(496, 3)

(41, 708)

(43, 3)

(154, 2)

(366, 3)

(339, 2)

(450, 3)

(253, 3)

(182, 1)

(40, 848)

(40, 421)

(41, 57)

(41, 908)

(224, 3)

(311, 3)

(40, 1109)

(40, 682)

(40, 255)

(40, 308)

(41, 74)

(41, 541)

(41, 555)

(444, 1)

(120, 2)

(247, 1)

(160, 3)

(41, 424)

(74, 2)

(40, 569)

(40, 142)

(41, 256)

(41, 219)

(370, 3)

(41, 1121)

(102, 1)

(213, 2)

(296, 2)

(509, 1)

(40, 968)

(40, 29)

(41, 401)

(41, 868)

(41, 1266)

(512, 1)

(551, 4)

(364, 1)

(40, 855)

(40, 428)

(41, 34)

(404, 2)

(80, 3)

(376, 4)

(503, 3)

(441, 3)

(41, 1260)

(40, 1116)

(40, 657)

(40, 230)

(40, 315)

(41, 179)

(41, 518)

(62, 6)

(173, 1)

(40, 1038)

(398, 4)

(40, 544)

(40, 117)

(41, 265)

(41, 220)

(41, 663)

(423, 4)

(348, 4)

(324, 2)

(435, 1)

(538, 1)

(40, 975)

(40, 4)

(41, 410)

(167, 3)

(278, 2)

(463, 2)

(525, 3)

(293, 2)

(361, 3)

(179, 4)

(439, 3)

(290, 1)

(401, 2)

(93, 1)

(40, 403)

(41, 43)

(41, 1022)

(318, 4)

(47, 5)

(105, 6)

(41, 369)

(343, 4)

(40, 1091)

(40, 664)

(40, 237)

(40, 290)

(41, 180)

(519, 1)

(535, 3)

(244, 2)

(355, 1)

(466, 4)

(284, 3)

(87, 3)

(531, 2)

(198, 2)

(439, 2)

(40, 551)

(40, 124)

(494, 3)

(41, 197)

(41, 664)

(41, 1107)

(99, 4)

(210, 1)

(321, 2)

(40, 950)

(40, 11)

(41, 387)

(41, 854)

(41, 1276)

(384, 2)

(65, 5)

(369, 3)

(516, 1)

(76, 3)

(361, 4)

(472, 1)

(40, 752)
(40, 837)

(40, 410)

(41, 44)

(536, 2)

(118, 2)

(47, 2)

(158, 3)

(269, 4)

(41, 959)

(40, 1098)

(40, 671)

(40, 212)

(40, 297)

(41, 189)

(41, 624)

(281, 1)

(355, 6)

(41, 709)

(84, 5)

(198, 5)

(483, 3)

(40, 558)

(40, 99)

(41, 379)

(41, 206)

(238, 5)

(41, 1108)

(136, 1)

(50, 4)

(124, 3)

(40, 957)

(40, 498)

(41, 388)

(386, 2)

(78, 3)

(41, 1253)

(189, 4)

(485, 3)

(414, 1)

(41, 1251)

(201, 1)

(40, 759)
(40, 844)

(40, 385)

(41, 21)

(41, 1000)

(44, 6)

(41, 1083)

(41, 485)

(56, 1)

(40, 646)

(40, 219)

(40, 272)

(41, 166)

(352, 2)

(479, 1)

(40, 1073)

(40, 169)

(392, 3)

(195, 3)

(306, 2)

(491, 2)

(432, 4)

(40, 533)

(40, 106)

(41, 380)

(149, 3)

(41, 650)

(41, 1117)

(334, 1)

(445, 2)

(121, 1)

(41, 933)

(456, 4)

(41, 456)

(40, 932)

(40, 505)

(41, 397)

(41, 832)

(41, 899)

(41, 1262)

(103, 6)

(547, 1)

(143, 1)

(40, 766)
(40, 819)

(40, 392)
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(121, 3)

(516, 4)

(50, 1)

(161, 2)

(234, 6)

(40, 930)

(40, 503)

(41, 399)

(41, 834)

(78, 4)

(41, 1256)

(384, 4)

(103, 4)

(41, 1211)

(201, 4)

(40, 764)

(312, 1)

(40, 390)

(41, 24)

(115, 1)

(41, 568)

(44, 3)

(69, 5)

(254, 3)

(56, 6)

(40, 651)

(40, 192)

(40, 277)

(41, 169)

(538, 2)

(405, 3)

(81, 2)

(541, 1)

(377, 1)

(148, 2)

(41, 647)

(40, 538)

(40, 111)

(41, 359)

(41, 826)

(41, 653)

(41, 1088)

(41, 515)

(232, 1)

(272, 2)

(399, 1)

(40, 937)

(40, 510)

(41, 496)

(41, 843)

(371, 3)

(482, 2)

(448, 2)

(411, 2)

(547, 4)

(41, 879)

(325, 3)

(40, 739)
(40, 824)

(40, 397)

(41, 1)

(41, 939)

(310, 4)

(41, 577)

(40, 1085)

(40, 626)

(40, 199)

(40, 284)

(41, 146)

(41, 613)

(41, 1080)

(192, 2)

(319, 1)

(106, 5)

(41, 291)

(146, 2)

(40, 513)

(40, 86)

(331, 2)

(41, 803)

(41, 758)

(41, 1097)

(245, 3)

(174, 1)

(285, 2)

(365, 1)

(40, 912)

(40, 485)

(534, 1)

(41, 844)

(488, 2)

(41, 1242)

(185, 3)

(41, 131)

(518, 4)

(436, 1)

(112, 2)

(40, 831)

(40, 372)

(41, 10)

(41, 989)

(152, 3)

(41, 684)

(66, 2)

(526, 3)

(130, 3)

(251, 2)

(41, 1127)

(362, 3)

(40, 1060)

(40, 633)

(40, 206)

(94, 1)

(41, 155)

(205, 2)

(41, 1057)

(501, 1)

(331, 3)

(40, 520)

(40, 93)

(41, 337)

(41, 804)

(41, 767)

(41, 1202)

(41, 759)

(356, 1)

(458, 4)

(396, 2)

(72, 3)

(41, 1130)

(276, 3)

(40, 919)

(40, 492)

(41, 482)

(40, 997)

(41, 1219)

(433, 3)

(125, 2)

(54, 6)

(40, 721)

(165, 1)

(40, 379)

(41, 115)

(41, 966)

(499, 4)

(390, 4)

(177, 6)

(480, 3)

(41, 1197)

(415, 4)

(40, 1067)

(40, 608)

(40, 181)

(40, 266)

(41, 156)

(41, 599)

(41, 1066)

(316, 2)

(45, 7)

(159, 3)

(270, 2)

(40, 527)

(40, 68)

(41, 346)

(41, 813)

(41, 736)

(353, 3)

(171, 4)

(282, 1)

(393, 2)

(85, 1)

(41, 857)

(40, 926)

(40, 467)

(41, 491)

(97, 6)

(75, 6)

(41, 1220)

(335, 4)

(433, 4)

(236, 2)

(40, 1155)

(40, 728)
(40, 813)

(40, 354)

(41, 116)

(41, 975)

(79, 3)

(523, 2)

(190, 2)

(41, 781)

(375, 2)

(41, 1233)

(486, 3)

(41, 306)

(91, 4)

(40, 1042)

(202, 1)

(40, 188)

(313, 2)

(41, 133)

(41, 600)

(116, 4)

(55, 5)

(230, 4)

(374, 4)

(240, 6)

(41, 814)

(452, 6)

(255, 4)

(57, 5)

(40, 75)

(274, 2)

(41, 790)

(41, 745)

(353, 4)

(464, 1)

(378, 4)

(196, 3)

(41, 277)

(110, 2)

(40, 901)

(40, 474)

(41, 492)

(41, 935)

(150, 3)

(93, 6)

(261, 4)

(41, 675)

(41, 194)

(122, 1)

(233, 2)

(256, 3)

(385, 3)

(273, 1)

(40, 735)
(40, 788)

(40, 361)

(41, 125)

(41, 560)

(41, 232)

(420, 2)

(548, 1)

(41, 376)

(128, 1)

(40, 622)

(40, 163)

(41, 315)

(41, 142)

(42, 4)

(116, 3)

(41, 646)

(267, 3)

(41, 1113)

(70, 3)

(40, 1021)

(40, 50)

(41, 324)

(40, 1014)

(41, 722)

(41, 1189)

(406, 1)

(41, 1170)

(193, 1)

(41, 323)

(110, 5)

(40, 908)

(40, 449)

(41, 469)

(41, 936)

(41, 1135)

(48, 1)

(344, 2)

(471, 1)

(40, 1137)

(40, 710)
(40, 795)

(40, 336)

(41, 102)

(187, 3)

(298, 2)

(101, 4)

(545, 3)

(141, 3)

(326, 1)

(40, 1024)

(40, 597)

(40, 170)

(41, 316)

(41, 247)

(41, 586)

(41, 1053)

(510, 2)

(40, 996)

(40, 57)

(41, 333)

(95, 6)

(539, 1)

(41, 1198)

(135, 1)

(304, 3)

(40, 653)

(107, 3)

(218, 2)

(147, 2)

(40, 456)

(258, 3)

(41, 860)

(61, 3)

(402, 3)

(246, 1)

(78, 6)

(357, 2)

(397, 1)

(40, 1144)

(40, 717)
(40, 770)

(40, 343)

(41, 111)

(41, 546)

(41, 623)

(508, 1)

(40, 1031)

(40, 604)

(40, 145)

(41, 293)

(41, 248)

(41, 691)

(41, 1030)

(264, 4)

(391, 3)

(67, 2)

(178, 3)

(41, 1229)

(41, 954)

(40, 1003)

(40, 32)

(41, 438)

(41, 777)

(41, 732)

(240, 2)

(317, 1)

(41, 1075)

(40, 746)

(41, 1029)

(41, 55)

(40, 890)

(40, 463)

(41, 455)

(41, 922)

(354, 6)

(172, 1)

(185, 4)

(468, 2)

(40, 1151)

(40, 692)
(40, 777)

(40, 350)

(41, 80)

(422, 2)

(98, 3)

(41, 661)

(312, 4)

(505, 3)

(41, 431)

(434, 1)

(237, 1)

(40, 579)

(40, 152)

(41, 302)

(41, 225)

(41, 692)

(41, 1039)

(388, 5)

(462, 4)

(347, 2)

(40, 1162)

(487, 4)

(92, 1)

(40, 978)

(40, 39)

(41, 447)

(41, 882)

(132, 2)

(41, 1176)

(499, 1)

(428, 3)

(104, 4)

(76, 5)

(342, 2)

(453, 5)

(271, 2)

(40, 865)

(40, 438)

(518, 1)

(169, 3)

(354, 1)

(465, 2)

(419, 3)

(40, 1126)

(40, 699)

(40, 240)

(40, 325)

(41, 89)

(41, 556)

(435, 3)

(151, 4)

(271, 5)

(49, 9)

(505, 4)

(52, 2)

(163, 1)

(40, 586)

(40, 159)

(41, 279)

(77, 6)
(238, 3)

(41, 1136)

(64, 5)

(191, 2)

(302, 3)

(89, 3)

(549, 2)

(349, 4)

(129, 2)

(40, 46)

(41, 416)

(41, 891)

(41, 718)

(425, 1)

(46, 4)

(71, 4)

(40, 872)

(40, 445)

(41, 49)

(41, 900)

(280, 1)

(83, 1)

(368, 3)

(41, 1073)

(40, 1049)
(40, 1133)

(40, 674)

(40, 247)

(40, 332)

(41, 66)

(41, 533)

(333, 4)

(49, 2)

(345, 1)

(40, 561)

(40, 134)

(41, 280)

(41, 211)

(41, 512)

(41, 1145)

(424, 2)

(41, 942)

(58, 6)

(41, 1044)

(89, 4)

(200, 1)

(40, 960)

(40, 21)

(496, 2)

(41, 892)

(41, 1162)

(339, 3)

(450, 2)

(253, 4)

(515, 4)

(40, 879)

(40, 420)

(41, 58)

(41, 909)

(478, 1)

(540, 4)

(41, 676)

(83, 6)

(336, 4)

(40, 1077)(40, 1108)

(40, 681)

(40, 254)

(40, 307)

(41, 75)

(41, 542)

(41, 913)

(120, 1)

(160, 2)

(494, 5)

(287, 1)

(248, 4)

(74, 5)

(40, 568)

(40, 141)

(41, 257)

(440, 2)

(370, 2)

(41, 1122)

(165, 2)
(299, 2)

(410, 3)

(546, 1)

(213, 3)

(142, 1)

(509, 2)

(40, 967)

(40, 28)

(41, 402)

(41, 869)

(41, 1267)

(382, 2)

(40, 854)

(40, 427)

(41, 35)

(404, 1)

(80, 2)

(540, 3)

(207, 1)

(376, 3)

(311, 2)

(416, 4)

(40, 1115)

(40, 656)

(40, 229)

(40, 314)

(41, 76)

(41, 519)

(41, 554)

(62, 1)

(173, 2)

(469, 1)

(496, 4)

(330, 3)

(40, 575)

(40, 116)

(41, 266)

(41, 221)

(41, 656)

(41, 1131)

(324, 1)

(41, 1160)

(127, 1)

(40, 974)

(40, 3)

(41, 411)

(41, 878)

(457, 4)

(41, 1268)

(41, 525)

(463, 3)

(525, 4)

(535, 1)

(250, 3)

(401, 3)

(93, 2)

(40, 402)

(41, 36)

(41, 1023)

(133, 1)

(500, 4)

(41, 1235)

(40, 1090)

(40, 663)

(40, 236)

(40, 289)

(41, 181)

(41, 520)

(244, 1)

(41, 940)

(284, 2)

(395, 1)

(531, 3)

(40, 550)

(40, 123)

(494, 2)

(41, 198)

(41, 665)

(423, 2)

(99, 5)

(321, 3)

(506, 1)

(53, 1)

(40, 949)

(40, 10)

(41, 412)

(41, 855)

(222, 3)

(41, 1277)

(472, 3)

(41, 699)

(65, 6)

(293, 1)

(303, 4)

(90, 6)

(401, 4)

(40, 836)

(40, 409)

(41, 45)

(41, 992)

(315, 1)

(500, 3)

(47, 3)

(158, 2)

(41, 368)

(343, 2)

(40, 1097)

(40, 670)

(40, 211)

(40, 296)

(59, 4)

(41, 625)

(170, 1)

(281, 2)

(294, 2)

(84, 4)

(41, 770)

(198, 4)

(40, 557)

(40, 98)

(41, 372)

(41, 207)

(223, 4)

(41, 1109)

(517, 4)

(432, 1)

(124, 2)

(235, 1)

(346, 4)

(164, 3)

(40, 956)

(40, 497)

(41, 389)

(41, 856)

(78, 2)

(522, 3)

(384, 3)

(41, 822)

(374, 3)

(176, 6)

(90, 1)

(201, 2)

(40, 758)
(40, 843)

(40, 384)

(41, 22)

(497, 1)

(41, 569)

(44, 5)

(40, 40)

(47, 8)

(40, 1072)

(40, 645)

(40, 218)

(40, 303)

(41, 167)

(352, 1)

(392, 2)

(84, 3)

(40, 309)

(483, 2)

(40, 532)

(40, 105)

(96, 6)

(149, 4)

(41, 651)

(455, 2)

(445, 3)

(121, 2)

(41, 1011)

(161, 1)

(40, 931)

(40, 504)

(41, 398)

(41, 833)

(78, 5)

(41, 1263)

(219, 4)

(517, 3)

(40, 765)
(40, 818)

(40, 391)

(41, 31)

(41, 978)

(155, 3)

(266, 2)

(69, 4)

(513, 3)

(40, 1079)

(40, 652)

(40, 193)

(40, 278)

(294, 1)

(41, 611)

(405, 2)

(81, 1)

(113, 1)

(287, 3)

(40, 539)

(40, 80)

(41, 358)

(41, 825)

(41, 652)

(41, 1095)

(296, 3)

(63, 6)

(58, 1)

(359, 1)

(272, 3)

(75, 3)

(40, 511)

(186, 2)

(41, 842)

(41, 898)

(371, 2)

(523, 3)

(482, 3)

(214, 1)

(325, 2)

(41, 1045)

(40, 740)
(40, 825)

(40, 398)

(41, 987)

(40, 412)

(40, 1086)

(40, 627)

(40, 200)

(40, 285)

(220, 3)

(41, 612)

(41, 1087)

(192, 3)

(106, 2)

(296, 4)

(146, 3)

(40, 514)

(40, 87)

(41, 367)

(41, 802)

(426, 3)

(41, 1096)

(245, 2)

(41, 772)

(285, 1)

(276, 2)

(40, 913)

(40, 486)

(41, 504)

(495, 5)

(41, 1241)

(544, 1)

(140, 1)

(40, 1174)

(40, 747)
(40, 800)

(40, 373)

(41, 9)

(41, 988)

(152, 4)

(111, 4)

(390, 2)

(66, 3)

(251, 5)

(473, 3)

(40, 1061)

(40, 634)

(40, 207)

(40, 260)

(41, 154)

(205, 1)

(41, 1056)

(316, 4)

(454, 6)

(40, 521)

(40, 94)

(41, 336)

(41, 811)

(60, 1)

(438, 3)

(356, 2)

(467, 1)

(396, 3)

(72, 4)

(199, 3)

(40, 920)

(40, 493)

(41, 481)

(495, 2)

(457, 3)

(137, 3)

(211, 4)

(322, 1)

(433, 2)

(125, 1)

(40, 722)
(40, 807)

(40, 380)

(41, 114)

(350, 4)

(79, 5)

(41, 1281)

(419, 1)

(177, 5)

(313, 3)

(473, 4)

(40, 1068)

(40, 609)

(40, 182)

(40, 267)

(131, 1)

(41, 598)

(40, 883)

(316, 3)

(45, 6)

(119, 3)

(230, 2)

(41, 1068)

(159, 2)

(270, 3)

(41, 478)

(57, 3)

(40, 69)

(41, 345)

(242, 1)

(41, 743)

(353, 2)

(393, 1)

(516, 3)

(40, 927)

(40, 468)

(41, 490)

(97, 5)

(475, 1)

(504, 1)

(51, 1)

(236, 3)

(40, 1156)

(40, 729)
(40, 814)

(40, 355)

(41, 123)

(41, 974)

(387, 3)

(79, 2)

(64, 6)

(190, 3)

(420, 1)

(41, 377)

(40, 1043)

(40, 616)

(40, 189)

(313, 1)

(41, 132)

(41, 607)

(116, 5)

(41, 128)

(57, 4)

(40, 76)

(168, 1)

(57, 6)

(41, 744)

(41, 1187)

(82, 4)

(475, 4)

(378, 5)

(41, 1224)

(307, 3)

(418, 2)

(110, 3)

(40, 902)

(40, 475)

(41, 467)

(41, 934)

(41, 1228)

(261, 3)

(446, 1)

(233, 1)

(51, 6)

(41, 1213)

(40, 1163)

(40, 704)
(40, 789)

(40, 362)

(41, 124)

(40, 986)

(88, 1)

(548, 2)

(40, 1050)

(40, 623)

(40, 164)

(41, 314)

(41, 141)

(42, 5)

(41, 1051)

(330, 1)

(338, 2)

(267, 2)

(514, 1)

(181, 3)

(40, 1022)

(40, 51)

(41, 331)

(477, 2)

(41, 721)

(41, 1188)

(291, 3)

(40, 909)

(40, 450)

(41, 468)

(41, 943)

(402, 2)

(48, 2)

(369, 2)

(175, 1)

(40, 257)

(432, 2)

(41, 1259)

(40, 1138)

(40, 711)
(40, 796)

(40, 337)

(41, 101)

(187, 2)

(298, 3)

(101, 3)

(545, 2)

(141, 2)

(510, 1)

(40, 1025)

(40, 598)

(40, 171)

(55, 1)

(41, 246)

(41, 585)

(41, 1052)

(292, 1)

(40, 58)

(41, 332)

(95, 1)

(41, 730)

(40, 873)

(369, 4)

(304, 4)

(431, 3)

(107, 2)

(218, 3)

(40, 884)

(40, 457)

(41, 477)

(41, 912)

(61, 2)

(357, 1)

(468, 4)

(40, 1145)

(40, 718)
(40, 771)

(40, 344)

(41, 110)

(41, 545)

(41, 1150)

(212, 1)

(41, 1129)

(508, 2)

(40, 1032)

(40, 605)

(40, 146)

(41, 292)

(41, 255)

(41, 690)

(351, 3)

(462, 2)

(391, 2)

(67, 5)

(41, 929)

(273, 2)

(289, 3)

(363, 4)

(474, 1)

(40, 1004)

(40, 33)

(41, 437)

(41, 776)

(41, 707)

(41, 1174)

(41, 761)

(502, 4)

(76, 4)

(41, 1100)

(271, 4)

(40, 891)

(40, 432)

(41, 454)

(41, 921)

(172, 2)

(283, 1)

(394, 4)

(468, 3)

(530, 2)

(197, 6)

(403, 4)

(40, 1120)

(40, 693)
(40, 778)

(40, 351)

(41, 87)

(422, 3)

(209, 3)

(138, 1)

(505, 2)

(52, 4)

(40, 1039)

(40, 580)

(40, 153)

(41, 301)

(41, 224)

(40, 944)

(41, 1038)

(388, 6)

(191, 4)

(40, 1075)

(220, 5)

(400, 1)

(92, 2)

(40, 979)

(203, 1)

(41, 446)

(314, 4)

(132, 3)

(41, 1183)

(117, 6)

(46, 2)

(104, 5)

(199, 6)

(231, 2)

(342, 3)

(41, 1274)

(453, 4)

(40, 866)

(40, 439)

(41, 463)

(169, 2)

(352, 4)

(465, 1)

(368, 2)

(86, 4)

(383, 3)

(40, 1127)

(40, 700)

(40, 241)

(40, 326)

(41, 88)

(41, 531)

(209, 4)

(320, 1)

(49, 8)

(123, 1)

(234, 4)

(52, 3)

(40, 587)

(40, 128)

(41, 278)

(77, 5)

(41, 700)

(41, 1143)

(424, 1)

(373, 4)

(413, 3)

(89, 2)

(549, 1)

(129, 1)

(40, 47)

(41, 423)

(41, 890)

(41, 717)

(41, 1152)

(46, 5)

(41, 1179)

(240, 1)

(40, 446)

(41, 48)

(41, 907)

(280, 2)

(41, 771)

(407, 1)

(543, 3)

(379, 3)

(490, 2)

(41, 185)

(40, 1134)

(40, 675)

(40, 248)

(40, 333)

(41, 65)

(41, 532)

(333, 3)

(41, 1103)

(202, 4)

(262, 1)

(41, 1272)
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Figure 2: Performance tuning with Scheduling Consequence Graphs (all figures drawn to the same scale)

3.4 Walk-through
In this subsection, many SCGs are shown, in Fig 2. which display
the measurements collected on various runs during tuning, all on
the same scale for direct comparison. They are 40 columns wide,
one for each core, and relative height indicates relative execution
time. They have lines in red, orange, and green, which represent
application-code constructs. Red is creation of a virtual processor,
green is the many-to-one send of type to, and orange is the
singleton construct. For better visibility, only constraints that cross
cores are shown.

After functional debugging, the first tuning run produces the
consequence graph seen in Figure 2a. The first thing to notice is that
it is slimmer than expected: of the 40 available cores, only 13 are
being used. Because the application places work on cores explicitly,
this must be a bug in the dividing code. A cursory inspection
reveals that a closing curly brace in the distribution loop had been
misplaced. This may be a very simple bug, but it went unnoticed
despite using this application as a test program for development of
the language runtime, including performance, for several months.

3.4.1 Second Run
After fixing this, the next run (Fig 2b) corresponds much more
to the expected execution behaviour. However, there remains a
noticeable section at the beginning where only 3 cores have work
and the other 37 remain idle.

Zooming in on those cores, we see that creation code starts run-
ning on core 0, within the creation VP, and then the next block on
the core is work! Creation stops, starving the other cores. Look-
ing at the creation code, we see that the creation VP assigns the
first work VP to its own core, so that work is now waiting in the
queue to execute there. When it creates the second work VP, that
creation call switches core 0 to the runtime. When done with cre-
ation, the runtime takes the next VP from the queue, which is that
waiting work VP. Hence core 0 does the work next instead of con-
tinuing with creation (the merits of work stealing or other schedul-
ing strategies are independent from this illustration of how to use
this approach to performance tune).

The hypothesis was generated by looking at the code linked to
each block and noting the visual pattern that creation code stopped
running on core 0. Work code started running instead, and only
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after it finished did creation code start again. Hence, visual cues
led directly to the hypothesis.

Two solutions come to mind: assign work to the other cores first,
so that they would be busy when the creator VP gets interrupted,
or else dedicate a core to the creator VP. The first solution has the
advantage of preserving performance of the application even when
run on a machine with a single-digit number of cores, so we tried it
first.

3.4.2 Third run
Assigning work to the other cores first gives us Fig 2c. The section
that was at the top, with idle cores, has disappeared. A small idle
period can still be observed between the first and the second set of
work tasks, because the work tasks have roughly the same length
and the work on core 0 starts last. It thus holds up creation, which
re-starts after all the others have finished work (note that work on
some cores takes slightly longer because that core performs the
copy-transpose singleton, and also variations are caused by cache
misses).

It is also noticeable that in the second set of work units to be
distributed, not enough work pieces remain to fill all cores. 16 out
of 40 remain idle at the bottom.

3.4.3 Fourth and fifth runs
To try to fill the empty columns at the end, we modified the size
of the work units. However, as figures 2d and 2e show, this did not
help. The blank areas between “bands” of work can be seen by the
red lines to be due to creation. The increased number of units causes
creation to be the bottleneck again, and the time lost between sets
grows larger than the time that previously was lost.

3.4.4 Sixth run
At this point we wanted to try the road not chosen, dedicating
a core to the creation VP. Going back to version b of the code
and implementing this solution, instead, leads to fig. 2f. The blank
area between the two sets has disappeared, showing a 4% shorter
execution time.

3.4.5 Seventh and eighth runs
As core 0 is now empty after the creation phase at the beginning, we
also moved the receive VP there (fig. 2g). This added only a mini-
mal improvement at this size of work unit, but allows overlapping
the result collection with other work, which is an advantage when
cutting the work into more pieces, requiring longer collection (fig.
2h).

Overall it is also noticeable that as work units become smaller,
execution time becomes more irregular. Variability in work length
correlates with the color, indicating cache behavior has worsened
with smaller work size.

Note that the hypothesis, that cache behavior worsened with
smaller work sizes, was generated directly from visual cues.

3.4.6 holes in the core usage
In Fig 2d, “holes” are noticeable. Inspecting these holes closer, we
can see that the stalled blocks are at the end of orange lines. This
indicates they are waiting upon the completion of a singleton. The
pattern of blocks shows that usually the singleton unit runs before
the work unit, but in these cases the singleton code was delayed
until after the work on that core. This is a runtime implementation
fluke. The only thing an application programmer can do is change
the work size to minimize the impact. (For those curious, the first
VP to reach the singleton is granted control, but a ready work VP
lands in the queue during the granting activity, so when the runtime
finishes granting, the work VP is next, and the VP that now owns

the singleton sits and waits for the work to end. All work VPs on
other cores that pass through the same singleton also wait.)

4. The Model Behind the Visualization
Now that the usage has been seen, we expand on the model behind
the visualizations. The model ties the information together, and un-
derstanding it helps in generating hypotheses from the visualization
features.

As seen, the model has two parts, a Unit & Constraint Col-
lection (UCC), and a Scheduling Consequence Graph (SCG or
just consequence graph, CG). The UCC indicates the scheduling
choices the application allows, and so shows what the programmer
has control over. Whereas the consequence graph says which of
those were actually taken during the run and the consequences of
that set of choices.

We give a more precise description of UCC, then consequence
graph, in turn. However, space is too limited for a complete defi-
nition, which is given in a companion paper submitted to a longer
format venue.

4.1 Unit & Constraint Collection
The UCC contains all the units of work that get scheduled during a
run, and all constraints the application places on scheduling those
units. That’s a nice solid definition, but things aren’t quite that
simple. The complication is that different classes of application
exist, with two degrees of freedom that determine how much of
the UCC is actually defined in the application vs the input data, or
even in the runtime.

Some applications have everything determined in the code, with
all units fixed, and all constraints fixed. An example is matrix
multiply with fixed size matrices. But for others, the shape of the
UCC is only partially defined by the application code. Take matrix
multiply used in Section 3, where an input parameter determines
the number of units created. Here, the UCC is different for each
parameter value. An extreme example is an NP complete problem,
with redividable units, for which the units are a function of both the
input data and decisions made by the runtime.

We call a fully specified UCC a concrete UCC. Every run of an
application eventually winds up defining a concrete UCC, such as
seen back in Fig ??. But the amount of UCC made concrete by the
application alone falls into a two-dimensional grid. One dimension
covers the units, the other the constraints.

0 -- none: application code alone fully concretizes
1 -- parameters needed in addition to code
2 -- input data + (params) + code
3 -- scheduling decisions + (data) + (params) + code

Units

Co
ns

tr
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nt
s

0 1 2 3

0

1

2

3

A

C

D

B

Numbers indicate which information has to be
added for that dimension of UCC in order to
make it fully concrete:

Information Needed for Given UCC
in Order to Make it Fully Concrete

Figure 3: Abstract representation of the kinds of UCC possible. The
letters A, B, C, D stand for UCCs described in the text.

Figure 3 shows the two axes and the four sets of information
on each, which act as the inputs that determine the units and con-
straints. The position a UCC lands on the grid indicates how far it is
from being fully concrete. The horizontal indicates what inputs are
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still needed to determine the units, and vertical the constraints. 0 in-
dicates that the units (constraints) are fully determined by the appli-
cation code alone; 1 means parameter values also must be known;
2 means input data values also play a role, and 3 means the units
(constraints) can only become known after runtime scheduling de-
cisions have been made.

The closer the application-derived UCC is to the origin, the less
additional information it needs to become concrete. The UCC la-
beled A in the figure is fully concrete just from the source code
alone (representing for example, matrix multiply with fixed size
matrices). The UCC labeled B requires the input data and param-
eters to be specified before its units are concrete, but just parame-
ters to make its constraints fully concrete (as per ray-tracing, with
bounce depth specified as a parameter). The UCC labeled C only
has variability in its constraints, which require input data (for ex-
ample, H.264 motion vectors). But even the least concrete UCC,
out at the end of the diagonal (D in the figure), becomes concrete
during a run of the application.

Notice, though, that a fully concrete UCC still has degrees of
freedom, in which units to which hardware and the order of execu-
tion. The decisions fix interactions within the hardware, to yield the
communication patterns and consequent performance seen during
the run.

An added twist is that an application has a life-line, spanning
from code all the way through the run, and its representation may
change at the different stages of life. It starts as pristine source, then
moves into specialization where code is translated into different
representations than the original, and finally the specialized code is
run. The UCC often changes between these points in the life-line.

For example, specialization may perform a static scheduling,
which fixes the units, moving the UCC towards the origin. Alterna-
tively, the toolchain may inject manipulator code for the runtime to
use, which lets it divide units during the run when it needs more.
The injection of manipulator code makes the UCC less concrete,
moving it further from the origin.

The UCC still indicates what is inside the application’s control
vs under the runtime’s control, even for applications that land far
out on the diagonal. It thus indicates what can be done statically:
the further out on the diagonal a UCC is, the less scheduling can be
done statically in the toolchain.

In this paper, we do not suggest how to represent UCCs far out
on the diagonal. One of those actually indicates a multi-verse of
concrete-UCCs. Which of them materializes depends on the data
that shows up and what the scheduler does. We only represent the
concrete UCC that materializes during a run and leave the question
of representing less concrete ones to future work.

4.2 Scheduling Consequence Graph
Whereas the UCC concentrates on application-derived information,
the second part of the model adds-in effects of runtime details and
hardware. It’s called the Scheduling Consequence Graph because it
links scheduling decisions to their performance consequences. But
it also indicates the role, in the decision, of application, runtime
and hardware details. As a result it identifies instances of lost
performance, and links them to the cause of the loss, as seen in
Section 3.

To distinguish from the UCC, the consequence graph shows the
behavior resulting from scheduling decisions actually made, from
among those possible. The UCC shows just the possibilities. Hence,
a consequence graph shows one of the possible choice-sets allowed
by the UCC.

A consequence graph accounts for each bit of core time. It has
boxes and arcs, with the boxes divided into regions. The boxes each
represent all core time assigned to one work unit, with each region
inside representing a segment of time that the core was engaged

in a specific type of activity. An arc links regions (or boxes) and
represents a causality of some kind.

There is one kind of region for each reason that the core is being
used (or being forced idle), and several kinds of arcs, one for each
type of causality between regions.

The core activities associated with region types are: applica-
tion work, waiting for communication of work data, managing con-
straints, choosing assignment of work onto cores, and runtime in-
ternals. The runtime internals have sub-categories but space is lim-
ited so we skip those here.

The arc types, representing the type of causal relationship, are:
control dependency in the base language, parallel constraint that
had to be satisfied (IE, one unit did something to satisfy a constraint
on the other, causing it to be free to be scheduled), runtime internal
causality such as a global lock (runtime on one core releases the
lock, causing the other to acquire it), and arcs that represent hard-
ware causal relationships (one work-unit finishing on a core causes
another work-unit to start there, given the choice by the runtime).
The formal details are given in the longer format companion paper.

We will now look at each source of causal relationship.

Constraint causality There is a constraint causality when two
units are involved in a constraint, where action by one unit causes
(or contributes to) satisfaction of the constraint blocking the other
unit. This includes control dependencies from the base language.

Control dependencies may add superfluous constraints that
eliminate some otherwise allowed choices in the UCC. An ex-
ample would be a for loop that creates work-units – no parallelism
constructs cause the creations to be done in sequence, but the base
C language sequentializes it nonetheless.

Runtime internal causality Runtime implementation details may
introduce “extra” causalities between units. For example, the ver-
sion of VMS we instrumented for this paper runs separately on each
core and relies upon a global lock for accessing shared runtime in-
formation. This lock introduces a causal relationship when the run-
time on one core is attempting to process one unit, but must wait
for the runtime on a different core to finish with its unit.

Normally, these are not displayed explicitly, due to clutter, but
can be turned on when needed, say, to determine the cause of a
particular pattern of core usage.

Hardware causality The physical fact that a given resource can
only be used by one work-unit at a time introduces hardware
causalities. When multiple units are free to execute, but all cores
are busy, then completion of a unit on one core causes (in part) the
next ready unit to run on that core.

These are also not normally displayed, due to clutter, and not
all hardware dependencies are directly measured. Future work will
focus on using the performance counters and other instrumentation
to add more information about communication paths taken as a
consequence of the scheduling decisions made. It will start with
the current linkage of application-code to runtime decisions, and
add consequent usage of communication hardware. This gives an
end-to-end linkage between runtime choices and caused behavior
on the hardware.

Consequence graph features each tie back to features in the
UCC and thence to specific segments of code or constructs.

4.3 Levels of UCC and Consequence Graph
There is one last twist to the story of UCCs and consequence
graphs, which is that there are levels of them that correspond
to the levels of scheduler in a hierarchical machine. We use an
example involving a server machine with a hierarchy of runtimes
to illustrate both, concentrating first on just the UCCs, then adding
the consequence graph.
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4.3.1 Levels of UCC
For the example, consider a server with one rack, having a back-
plane that boards plug into. A board has its own memory with four
sockets, each having a chip with four cores. So there is a back-plane
network connecting the boards, a bus on each board that connects
the sockets to the DRAM, and inside the chip in each socket is a
cache hierarchy that connects the cores.

The hardware is given a set of runtimes to match the hierarchy.
Each network or bus has a runtime that schedules work onto the
things connected below it. So the top runtime divides work among
the boards, while a board’s runtime divides work among the sock-
ets, and a socket’s runtime divides work among the cores.

To a runtime high up, each runtime below it looks like a com-
plete machine. It schedules work-units to those machines, without
knowing the internal details of how that machine is implemented.
So the runtime at the top handles very large work-units that it
schedules onto the runtimes on the boards. A board-level runtime
divides up the work-unit it gets into smaller work-units, then sched-
ules one onto each socket’s runtime, and so on.

The application in this example has been written in a language
that allows work to be divided. The toolchain inserted a manipula-
tor that allows each runtime to divide up the work it is given into
smaller work-units, such as via the DKU pattern[]. This pushed the
UCC of the application all the way to the right on the unit axis.

So what does the concrete UCC produced during a run look
like? Well, a unit is defined as the work resulting from one schedul-
ing decision. Each runtime has its own scheduler, which means
units are defined for each runtime. That in turn means that each
runtime has its own concrete UCC!

Board-runtime-level Units

OS-level Unit

Rack-runtime-level Units

Figure 4: Representation of multiple levels of UCC.

Figure 4 shows that these UCCs are related to each other in the
same hierarchy as the runtimes. A unit scheduled in one runtime is
broken into smaller units in the one below it. Each of those units
is then separately scheduled, making a separate UCC just for them.
So, as the figure shows, a unit in one UCC has an entire UCC inside
it.

Great, that makes sense, now what about the consequence
graphs?

4.3.2 Levels of Consequence Graph
A consequence graph ties together scheduling decisions made on
units with the consequences in the hardware of those decisions.
But there are now multiple levels of consequence graph, one for
each UCC. With multiple levels, a lower-level runtime is treated as
a single “core” by the level above it. So, what does “consequence”
mean in this case? The answer is that for performance tuning, the
consequence of interest is the critical path.

That gives two goals: first, to get the consequences to the critical
path, then second, to charge each segment of time on an actual

physical core to exactly one box in one of the levels of consequence
graph. We note that the critical path for one level is in terms of the
work-times of its units, but those units now each have an entire
consequence graph inside it. Hence the work time of a unit is the
critical path time for the consequence graph inside it.

Now, the question is, which portions of the physical core time
should get counted towards one higher-level unit? The answer is
seen by looking at all the levels in the matrix multiply application,
from the story in Section 3. Going up, the level above the execu-
tion under study involves the invocation of entire applications, via
OS commands. At that level, a unit is an entire process, and the
critical path of the SCG in Section 3 is the work-time of that unit.
That leaves the time spent inside the OS as the runtime overhead
assigned to that unit.

In the other direction, the lower level is the operation of the
out-of-order pipelines in the cores, which have the equivalent of
a runtime, in hardware. The hardware runtime consists of the de-
pendency logic that determines which instructions are free, and the
issue logic that determines which functional unit performs a free
instruction. Hence, a unit is one instruction. The work time is the
number of cycles it contributes to the critical path, due to dependen-
cies limiting overlap. And the runtime overhead is the operation of
the dependency and issue logic. Those don’t contribute directly to
the critical path, so instructions effectively have no runtime over-
head.

We return now to the question of the time a higher-level unit
uses the cores outside of its sub-units. Consider, in the matrix multi-
ply code, the core usage spent while dividing the work and handing
it to other cores. This is not work of the application, but overhead
spent breaking the single application-unit into multiple sub-units.
Even though it is in the application code, it’s purpose is imple-
menting the execution model, which makes it runtime overhead.
But which runtime level? It’s not part of the SSR language run-
time, so not overhead of a unit inside the application, but rather it’s
for the application itself, as a unit! So, the core time spent calcu-
lating the division gets counted towards the application-level unit,
while the time spent inside the SSR runtime creating the meta-units
is counted towards those lower SSR-level units. But both are in the
critical path, so both charged as work time of the higher-level unit.

Another way to view this is that by the process of elimination,
the only core-time not accounted for elsewhere is the time spent
dividing up a unit into smaller ones, and time spent accumulating
the individual results back together. So this is what gets charged to
the higher-level unit.

The last question is how to handle communication conse-
quences, which result from decisions made in all levels? The de-
cisions in higher-level runtimes set the context for decisions in
lower-level ones, which links a higher-level choice to the conse-
quences resulting from the lower-level choices. But the value of a
consequence graph comes from linking the size of boxes in it to
the decisions made by the scheduler. It’s not clear how to divide-up
the time cores spend waiting for non-overlapped communication,
to assign portions to different levels. We have no good answer at
the moment and leave it for future work.

5. Implementation
Now that the usage and theory are in hand, we give the details
of implementation. We attempt a bottom-up view, to provide an
alternate path to understanding the model and visualizations, as
well as providing a path to derive the benefits directly from the
details.

This section will show the level of effort needed to implement
our approach for a new language. In short, this involves insert-
ing collection points into the runtime, then modifying the post-
processing that produces the visualization.
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We cast the implementation in terms of the computation model,
then identify the points inside the runtime that correspond to points
in the model. It is only in these spots that instrumentation gets
inserted into runtime code.

One benefit seen directly from these details is that many things
remain the same across languages, because the computation model
is invariant across languages. This includes the basic nature of
the visualizations and details of the implementation process. The
reason is that visualizations are based on units, constraints, and
causality, all of which exist in every language (even though some
older ones obfuscate units).

Another benefit evident from the details in this section is that
the instrumentation is done only once, for a language. All applica-
tions written in the language inherit the visualizations, without any
change to the application code.

5.1 Meta-units and unit life-line in the computation model
In preparation for mapping the model onto implementation details,
we define a meta-unit and unit life-line. These form the basis for
deciding points in the runtime where data is collected.

Every unit has a meta-unit that represents it in the runtime. A
unit is defined as the trace of application code that exists between
two scheduling decisions. Looking at this in more detail, every
runtime has some form of internal bookkeeping state for a unit,
used to track constraints on it and make decisions about when and
where to execute. This exists even if that state is just a pointer to a
function that sits in a queue. We call this bookkeeping state for a
unit the meta-unit.

Each unit also has a life-line, which progresses so: creation of
the meta-unit 	, state updates that affect constraints on the unit
	, the decision is made to animate the unit 	, movement of the
meta-unit plus data to physical resources that do the animation
	, animation of the unit, which does the work 	, communication
of state-update, that unit has completed, and hardware is free 	,
constraint updates within runtime, possibly causing new meta-unit
creations or freeing other meta-units to be chosen for animation.
This repeats for each unit. Each step is part of the model.

Note a few implications: first, many activities internal to the
runtime are part of a unit’s life-line, and take place when only the
meta-unit exists, before or after the work of the actual unit; second,
communication that is internal to the runtime is part of the unit
life-line, such as state updates; third, creation may be implied, such
as in pthreads, or triggered such as in dataflow, or be by explicit
command such as in StarSs, and once created, a meta-unit may
languish before the unit it represents is free to be animated.

Also, note that this explains why the visualizations remain
largely the same across languages. The concepts of a meta-unit,
a unit, constraints on a unit, and a unit life-line are all valid in
every language. The visualizations are based on these concepts,
and so likewise largely remain the same. In the UCC, only the
constraint patterns that represent the language’s constructs change
between languages. In the SCG, only which construct a line in the
SCG represents changes.

5.2 Mapping model onto implementation details in runtime
The meta-unit and unit life-line aspects of the computation model
map straight-forwardly to the UCC visualization. The constraints
in the UCC are those stated in or implied by the application (with
the complexities noted in Section 4).

However, the SCG is not a strict expression of the model, rather
it’s purpose is practical. It shows usage of the cores, and relates
that to the quantities in the model. Hence, the measurements for
the SCG all are boundaries, where the core’s time switches from
one category in the model to a different.

This differs from the model in subtle ways. Most notably,
the model declares segments of time where communications take
place, while the SCG doesn’t measure the communication time
directly, rather it captures idleness of the core caused by the non-
overlapped portion of that communication.

This difference stems from the SCG’s focus on core usage,
and assigning each idle period to a cause. The runtime’s choice
of units to cores is what determined the source and destination
of communications, which caused the idling. Hence, idle periods
due to non-overlapped communication are consequences of the
assignment choices made by the scheduler. This supports the name:
scheduling consequence graph.

What must be collected during the run differs between the two
types of visualization. For the UCC it is unit boundaries and the
constraints related to each unit. For the SCG, the same units must
be collected, but also the time a core spends on each segment of
the unit’s life-line. Also, implementation details of the runtime will
cause things such as idling the core during lock acquisition to be
counted towards a unit’s life segment. What core activities go to
which life segments changes from runtime to runtime. For example,
our implementation includes idle time due to acquiring the lock on
shared runtime state as part of the state-update life-line step.

The SCG represents each cause of a transition from one segment
of core usage to another as an arc between boxes. Such a causation
is always a causal dependency of some kind, because the SCG
only represents physical events, even if it corresponds to a complex
construct in the application. These causations are collected and tied
to one of: construct constraint, runtime internal constraint (such
as must acquire lock), or hardware constraint (such as only one
activity at a time on a core). In this paper, all are collected, but
the only causations visualized are constructs that cross cores, with
propendent on one core and its dependent on another.

5.3 Instrumenting our implementation of SSR on top of VMS
We instrumented a version of SSR implemented on top of a proto-
runtime system called VMS. This proto-runtime embodies most of
a runtime implementation, but has replaced two key portions with
interfaces. Those portions are the handling of language construct-
constraints and the decision of which core to assign a unit to. To
implement a language, one simply supplies those two portions of
code, via the interface.

VMS also has the advantage for our approach of being written in
accordance with the computation model, which makes instrument-
ing it especially convenient. Each language construct has its own
handler into which to insert measurement code, and transitions in
unit life-lines also have convenient locations in VMS to insert in-
strumentation code.

5.3.1 SSR background
A distinction important to understanding SSR and other parallel
languages is being task-based versus virtual processor (VP) based.
Task-based languages include dataflow, CnC, and StarSs. These
tasks don’t suspend and resume, but rather execute to completion.
Hence, such a task is the same as our definition of unit. They have
no state that persists across calls to the runtime. In contrast, a virtual
processor does suspend and resume and so has state that persists
across runtime calls. Examples include pthreads, OpenMP thread-
based constructs, UPC, and so on.

SSR is based on virtual processors. They execute sequential
code that occasionally calls a parallel construct, which suspends the
VP and switches to the runtime. This means that each VP contains
a sequence of units, with each unit the trace-segment between two
SSR library calls.

SSR has both deterministic constraints, which specify the
source and destination VP, such as send from to, and non-deterministic

short description of paper 8 2012/7/9



ones, in which the runtime is what chooses which VPs interact,
such as send of type to and singleton. Deterministic ones display
the same in the UCC and the SCG. However, non-deterministic
ones need all possibilities to be determined for the UCC, requiring
extra instrumentation code.

5.3.2 Collecting a unit
Code to record a new unit is inserted into VMS at the transition out
of the runtime and into application code. Code to record the unit
end is inserted into the VMS primitive that switches back to the
runtime.

5.3.3 Collecting the constraints
In VMS, each language construct has its own handler. Code is in-
serted into each handler, to record which unit invoked the construct,
and any units freed by it. The SCG links the unit that made a con-
struct call to the units freed by that call.

What information needs to be collected for SCG and UCC and
how it is done depends on the construct:

• create VP: We place code into the create VP handler, which
records the calling VP + unit, along with the newly created unit,
and the VP it is assigned to. Both the SCG and UCC draw arcs
between creating unit and created.

• send from to and receive from to: Code is placed into both
handlers at the point that checks if both the rendez-vous re-
quests are present. When true, it records both the unit+VPs that
connected. The UCC and SCG both represent this by two cross-
ing dependencies.

• Send to of type and receive to of type: The same code is in-
serted to record both the unit+VPs that connected. This is
enough for the SCG. But for the UCC, we want to capture all
sending and receiving permutations available, so we add code
that collects the group of senders and the corresponding group
of receivers.

• Singleton: The singleton unit has a group of predecessor units
and a group of successor units. The first predecessor to com-
plete enables the singleton unit, while all successors must wait
for its completion. We insert code into the handler, which
records the predecessor that enabled the singleton. This is all
that the SCG needs. For the UCC, we add code inside the sin-
gleton call that collects the calling unit, adding it to the pre-
decessor group, and the unit it jumps to, adding that to the
successor group.

5.3.4 Recording time, instructions, and cache misses
Just recording the units and connections between them is not
enough. Because the SCG represents core usage, it also needs the
cycles spent on each activity, including internal runtime activities.
The size of each interval of core usage is recorded and assigned to
a segment of a particular unit’s life-line.

The UCC also makes use of the number of instructions in a
unit, as an estimate of size of work in the unit, as illustrated by
Fig [UCC same-sz vs UCC instr-sz]. Without knowing the relative
size of the units, it is hard to estimate the amount of parallelism
usefully available in the application.

To measure the instructions, cycles, and communication (cache
misses), we use hardware performance counters. Readings are in-
serted into the runtime code to capture core time spent on each
segment of the life-line of a unit:

1. Create meta-unit: This is the time spent inside the create VP
construct’s handler function.

2. Update constraints: This is the time spent inside the handler
functions that implement the constructs.

3. Decision to animate: This is the time spent inside the language-
supplied assigner function.

4. Move meta-unit to core: This is via shared variables, recorded
as part of 3.

5. Move work data to core: This is via cache misses, recorded as
part of 6.

6. Do the work of the unit: This is the cycles between the switch-
to-unit and the following switch-to-runtime.

7. Communicate state update: This is the time between leaving
the application code and starting the construct handler (which
includes lock acquisition).

8. Resulting constraint updates: This is the time spent inside the
construct handler, and is the same as 2.

To cover each of those segments of a unit’s life-line, code to
read the performance counters is inserted at:

• Construct handler: To measure 2 and 8, reading is done before
and after VMS calls the language-supplied construct handler
function.

• Assigner: To measure 3 and 4, reading is done before and after
VMS calls the language-supplied assigner function.

• Work: To measure 5 and 6, reading is done by reading inside
the VMS switch-to-unit operation, and the switch-to-runtime
operation.

• Dual-use: 1 is measured by using the construct handler reads for
the create VP construct handler. For 7, the switch-to-runtime
read is subtracted from the read at the start of the construct
handler function.

For clarity, all but work are grouped as overhead in the visual-
ization, but they could be displayed separately if needed.

All the measurements are output into a trace file, which is then
evaluated after the run to build the visualizations.

5.4 Building the Visualizations
Both the UCC and the SCG are internally represented as directed
graphs, with units as nodes.

5.4.1 UCC
For the UCC, units can be either unweighted or weighted. Weighted
units appear as rectangles with height proportional to the weight,
unweighted units appear as circles. We weight the units with the
number of instructions in the work. This removes some of the
influence of scheduling and data, such as cache misses.

A critical path algorithm calculates vertical position of a unit, as
its position within the critical path. The nodes are spread horizon-
tally such that none overlap.

Simple constraints (dependencies) are painted as arcs. Compli-
cated constraints are for now displayed as an additional node bear-
ing information on the constraint, with incoming arcs from all units
whose execution status affects the constraint and outgoing arcs to
the constrained units.

5.4.2 SCG
For the SCG, all nodes are weighted with the number of cycles
spent on the unit in total (work + overhead). For display, the nodes
are split into overhead and work. The same critical path algorithm
as for the UCC is used to place nodes vertically, but this time
horizontal placement is determined by the core on which the unit
was executed (hardware dependencies ensure no overlap).

Constraints can then be overlaid, color coded by type. By de-
fault, in SSR, we display creation, direct and typed message send-
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ing (but not the crossing dependency from the receiver back to the
sender), and singleton outgoing dependencies; but each type can be
individually hidden or shown.

All this information is taken purely from the runtime, leading to
a rich, configurable visualization without needing to add anything
to the application.

6. Conclusion
We have shown how to apply a computation model to instrument
a language runtime for collecting measurements that connect: each
measurement to others, to application structure, to scheduling de-
cisions, and to hardware. A simple visualization of the data has
features that indicate lost performance, and features that visually
link the lost performance to the cause, no matter if the cause is ap-
plication structure, language runtime implementation, or hardware
feature. It is this linkage, due to the computation model, that sets
this approach apart from others.
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